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Abstract

Large Language Models (LLMs) excel in net-
work algorithm design but suffer from ineffi-
cient iterative coding and high computational
costs. Drawing inspiration from butterfly meta-
morphosis—where structured developmental
phases (Phase I: larval nutrient accumulation
— Phase II: pupal transformation) enable adap-
tive evolution—we propose Nested-Refinement
Metamorphosis (NeRM). Building on this prin-
ciple, we introduce Metamorphosis on Prompts
(MoP) to iteratively refine task descriptions (e.g.
latency / bandwidth constraints) and Metamor-
phosis on Algorithms (MoA) to generate more
effective solutions (e.g. appropriate network
processing architecture). Their nested refine-
ment ensures task-algorithm alignment, system-
atically improving both task descriptions and al-
gorithmic solutions for more efficient algorithm
design. To further enhance efficiency, we incor-
porate predictor-assisted code evaluation, mim-
icking natural selection by filtering out weak
candidates early and reducing computational
costs. Experimental results on TSP (routing),
MKP (resource allocation), and CVRP (service-
network coordination) demonstrate that NeRM
consistently outperforms state-of-the-art ap-
proaches in both performance and efficiency.

1 Introduction

Large Language Models (LLMs)(Wei et al., 2022;
Chen et al., 2023; Madaan et al., 2024) for al-
gorithm design have gained significant attention
across various domains. These models have proven
effective in tasks such as automated code genera-
tion(Chen et al., 2021; Ni et al., 2023; Liu et al.,
2023), program synthesis(Li et al., 2024; Barke
et al., 2024; Khan et al., 2024), and algorithm op-
timization (Huang et al., 2024; Romera-Paredes
et al., 2024; Ye et al., 2024; Liu et al., 2024a).
These applications demonstrate the ability of LLMs
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(a) Lifecycle of butterfly. (b) Nested-refinement metamorphosis.

Figure 1: (a) The lifecycle of a butterfly. Phase I: initial
growth, Phase II: a profound transformation, and Phase
III: natural filtering. (b) NeRM consists of MoP (Phase
1), MoA (Phase II), and their interaction (Phase III).

to automate and optimize traditional processes, im-
proving development workflows and enabling in-
novative solutions across fields.

Currently, LLM-based automatic algorithm de-
sign (Romera-Paredes et al., 2024; Ye et al., 2024;
Liu et al., 2024a) primarily focuses on code evo-
lution, where models iteratively generate and re-
fine code through search-based strategies. These
approaches require generating a large pool of can-
didate solutions and individually evaluating each
one to identify high-quality algorithms. However,
without a mechanism to refine task descriptions,
evolved code often lacks alignment with problem
requirements, leading to inefficient search that pro-
duces redundant or suboptimal solutions (Pearce
et al., 2022). Moreover, the necessity of evaluat-
ing every candidate imposes significant computa-
tional costs, making the process impractical for
large-scale problems. These challenges highlight
the need for a more structured framework that inte-
grates both prompt refinement and algorithm evo-
lution, enabling more targeted exploration while
reducing evaluation overhead.

Inspired by biological metamorphosis!, we take
the butterfly lifecycle as an analogy (Figure 1a),
which unfolds of three key phases: Phase I: meta-

"https://en.wikipedia.org/wiki/Metamorphosis
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morphosis from larva to pupa, where the larva un-
dergoes growth and nutrient accumulation in prepa-
ration for transformation into a pupa; Phase II:
metamorphosis from pupa to butterfly, a structural
transition where the butterfly adapts to its environ-
ment and emerges as a fully developed adult; and
Phase III, where the butterfly’s adaptation shapes
the evolutionary trajectory of the next generation
of larvae. We identify the challenges of algorithm
design as Nested-Refinement Metamorphosis (Fig-
ure 1b), which mirrors the butterfly’s transforma-
tion by iteratively refining both prompts and algo-
rithms to enhance their effectiveness and efficiency.

Specifically, we propose a novel framework
named Nested-Refinement Metamorphosis: Re-
flection and Evolution of Prompts and Code for
Efficient Algorithm Design (NeRM), a novel frame-
work that enables the generation of effective algo-
rithms with high efficiency. NeRM introduces a
nested metamorphosis process that combines Meta-
morphosis on Prompts (MoP) and Metamorpho-
sis on Algorithms (MoA). MoP iteratively refines
task descriptions to improve guidance for solu-
tion generation, while MoA leverages these refined
prompts to evolve algorithms through reflection-
driven adaptation (Wang et al., 2024a) and evo-
lutionary optimization (Liu et al., 2024c), ensur-
ing better task alignment. The interaction between
MoP and MoA forms a self-improving feedback
loop, continuously enhancing algorithm perfor-
mance. To further improve efficiency, NeRM in-
corporates a predictor-assisted evaluation mecha-
nism, which mimics natural selection by filtering
out weak candidates early. This prioritization of
promising solutions reduces computational over-
head while maintaining solution quality.

Our contributions can be summarized as follows:

* We introduce the concept of biologically inspired
Nested-Refinement Metamorphosis, which cap-
tures the interdependent refinement of both task
descriptions and algorithmic solutions, ensuring
continuous adaptation and improvement.

* We propose NeRM, combining MoP for iterative
task refinement and MoA for adaptive algorithm
evolution, and accelerate the evolution using a
code predictor.

* We evaluate the proposed NeRM across a di-
verse range of complex optimization problems,
demonstrating that NeRM surpasses state-of-the-
art methods in efficiency and effectiveness.

2 Related Works

LLMs for Algorithm Design. LLMs have been
widely applied in different aspects of algorithm
design. Specifically, LLMs are used for automated
code generation (Chen et al., 2021; Ni et al., 2023;
Liu et al., 2023), program synthesis (Li et al., 2024;
Barke et al., 2024; Khan et al., 2024), and algorithm
optimization (Huang et al., 2024; Romera-Paredes
et al., 2024; Ye et al., 2024; Liu et al., 2024a).

The most related work to NeRM includes Fun-
Search (Romera-Paredes et al., 2024) and EoH (Liu
et al., 2024a), both of which leverage LLMs to
evolve code generation for function search. While
these methods have demonstrated promising re-
sults, often surpassing handcrafted algorithms in
specific tasks, they focus exclusively on code evo-
lution without refining task descriptions, which is
crucial for guiding the search toward more effective
solutions. Moreover, their reliance on exhaustive
candidate evaluation leads to high computational
costs, as every generated algorithm must be fully
executed and assessed, making the process ineffi-
cient for large-scale or complex problems.
Prompt Evolution with LLMs. Prompting has
emerged as a powerful technique for leveraging
LLMs in specialized tasks, with performance heav-
ily influenced by prompt selection. Recent ad-
vancements in automatic prompt optimization have
drawn significant attention, particularly in continu-
ous prompt tuning, where input token embeddings
are fine-tuned to improve model responses (Li
and Liang, 2021; Liu et al., 2021; Lester et al.,
2021). Despite its effectiveness, this approach re-
quires access to LLM parameters, often unavail-
able for black-box APIs, and soft prompts lack
interpretability, making them harder to analyze and
refine (Lester et al., 2021). In contrast, discrete
prompting, which involves predefined tokens or
task instructions (Schick and Schiitze, 2020), offers
a more interpretable and human-friendly interface.
However, relying solely on prompt evolution for
code generation can introduce inconsistencies, as
prompts cannot directly modify or optimize the
logic of generated code (Marcus, 2020).

3 Methodology

This work introduces NeRM, comprising two com-
ponents: Nested Refinement Metamorphosis and
Predictor-Assisted Code Evaluation. Nested Re-
finement Metamorphosis integrates Metamorpho-
sis on Prompts (MoP), which simulates Phase I of
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Figure 2: Overview of NeRM, which integrates nested-refinement metamorphosis and predictor-assisted code
evaluation. The nested-refinement metamorphosis consists of the nests between Metamorphosis on Prompts (MoP)
and Metamorphosis on Code (MoA) to generate algorithms effectively. Additionally, NeRM incorporates predictor-
assisted code evaluation to efficiently filter high-quality solutions, reducing computational overhead.

biological metamorphosis by refining task descrip-
tions, and Metamorphosis on Algorithms (MoA),
which mimics Phase II by optimizing algorithms.
Their nested interaction simulates Phase 111, driv-
ing continuous co-evolution for more effective so-
Iutions. Predictor-Assisted Code Evaluation filters
out low-quality algorithms early, reducing compu-
tational costs while maintaining solution quality.
An overview of NeRM is shown in Figure 2.

3.1 Nested-Refinement Metamorphosis

Nested-refinement metamorphosis overcomes the
limitations of existing methods that iteratively gen-
erate code without refining task descriptions to bet-
ter guide the search process, leading to inefficient
exploration and high computational costs. Inspired
by biological evolution, which mimics the phases
of biological development, we propose (i) Meta-
morphosis on Prompts (MoP), which corresponds
to the growth and accumulation phase, where the
task description is iteratively refined to guide ex-
ploration more effectively; and (ii) Metamorphosis
on Algorithms (MoA ), which mirrors the transfor-
mation phase, where the generated code undergoes
iterative refinement, continuously adapting to task
requirements and enhancing its quality.

MoP and MoA. Both MoP and MoA begin with
a diverse initial population, where MoP combines
manually crafted prompts to integrate human ex-

pertise with LLM-generated prompts for diversity,
while MoA generates an initial heuristic popula-
tion guided by MoP prompts and an LLM-based
generator. In the reflection phase, a reflector LLM
extracts insights from past refinements, synthesiz-
ing key takeaways, and suggesting improvements
to ensure continuous evolution based on previous
performance. During the evolution phase, MoP and
MoA apply crossover and mutation to generate new
candidates: MoP combines and modifies prompts,
while MoA generates new heuristics through LLM-
driven refinements. Finally, in the update phase,
both processes evaluate the candidates generated in
a development set, using a code predictor to retain
high-quality prompts and algorithms while filtering
out weaker ones. The details of the MoP and MoA
design are described in Table 1.

Nested-Refinement. NeRM achieves effective al-
gorithm generation through iterative refinement of
both MoP and MoA. The process begins with ini-
tialization, where a diverse set of prompts and al-
gorithms are generated. In the MoP phase, task
specifications are continuously refined based on
past performance to improve alignment and robust-
ness. The MoA phase then evolves heuristic so-
lutions using genetic-inspired operations, guided
by the refined prompts. Finally, through iterative
refinement, MoP and MoA update each other over
multiple cycles, ensuring both prompts and algo-
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Table 1: Details of the Metamorphosis on Prompts and Code

Module

\ Metamorphosis on Prompts (MoP)

Metamorphosis on Algorithms (MoA)

Initial population

In contrast to most automated prompt-based
methods that disregard human expertise, we
initialize the population with manually crafted
prompts to incorporate prior knowledge while
enhancing diversity with LLM-generated ones.

MoA creates a heuristic population using the
generator LLM, guided by MoP prompts and an
initial seed heuristic. This approach provides
examples that encourage valid heuristics and
search toward promising solutions.

Reflection

MoP refines heuristics through iterative reflec-
tions, where the reflector LLM generates sum-
maries and provides suggestions to improve de-
sign. These reflections can start from scratch or
incorporate predefined manual hints.

Similar to MoP, MoA systematically gathers
knowledge through historical iterative reflec-
tions. The reflector LLM synthesizes key in-
sights and offers strategic recommendations to
improve heuristic algorithm design.

Evolution

The prompt evolution process involves crossover
and mutation operations. Crossover combines
parent prompts to generate offspring, while mu-
tation introduces random changes to specific

With the provided prompts and a pair of parent
heuristics, MoA guides LLMs to generate a new
offspring heuristic. It then applies a mutation
strategy, prompting the generator LLM to refine

components.

heuristics for further improvement.

Update

filter high-quality candidates.

We assess the generated candidate prompts/algorithms using a development set and keep those that
demonstrate strong performance. To further enhance efficiency, we leverage the code predictor to

rithms co-evolve, progressively converging toward
a more effective algorithm. The details of the pro-
cess are illustrated in Algorithm 1.

3.2 Predictor-assisted Code Evaluation

Existing algorithm design methods suffer from in-
efficiency due to their reliance on exhaustive vali-
dation, where every generated candidate must be
fully evaluated to determine its quality. This pro-
cess leads to high computational costs, especially
as iterative refinement of MoP and MoA produces
large volumes of algorithms. Inspired by natural se-
lection in biological evolution, where weaker indi-
viduals are eliminated early to conserve resources
for stronger candidates, we introduce Predictor-
assisted Code Evaluation to prioritize high-quality
solutions without exhaustive testing.

Design of the Predictor. Traditional token-based
prediction methods (Papineni et al., 2002; Lin,
2004; Denkowski and Lavie, 2014) rely on textual
similarity, failing to capture functional correctness
and leading to inaccurate performance evaluation.
Additionally, LLM-based methods (Zhuo, 2024;
Tong and Zhang, 2024) introduce inconsistency
due to model stochasticity and incur high computa-
tional costs, making them inefficient for large-scale
heuristic ranking. To address these limitations, we
leverage LLM embeddings to map code and data
into a shared space, enabling execution-based per-
formance estimation. Unlike traditional embed-
dings that focus on syntax or token similarity, LLM
embeddings capture semantic and structural prop-

erties, leading to more accurate heuristic assess-
ment. Additionally, our pairwise ranking model
efficiently selects high-quality candidates, signifi-
cantly reducing computational overhead while en-
suring scalability and effectiveness.

Specifically, we first construct a training set for
predictor training (detailed in Appendix A.1) us-
ing pairwise algorithm comparisons (e.g., D;; =
(code;, data;, code;, data;)), where the labels are:

1 if gap, > gap.,
label(Dij) = 8 pz_ & p]
0 otherwise.

During training, we first utilize the text embed-
ding LLM to encode both the heuristic code and
associated problem data, which is formulated as:

E; = Enc(code;), D; = Enc(data;),

where E., E; are the embeddings of code and data,
Enc is the text embedding encoder. Then, for each
pair of heuristic code, we concate the embeddings
of codes and data and fed them into a Multi-Layer
Perceptron (MLP) for performance comparison:

pij = MLP(E;||D;||E;||D;),

where p;; is the probability that code; outperforms
code;. We optimize the predictor with the objec-
tive function: £ = Y (p;;,1abel(D;;)), where [
is Binary Cross Entropy (BCE) loss (Bishop and
Nasrabadi, 2006).
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Algorithm 1 Learning Process of NeRM.

Input: Problem description; initial algorithms;
LLM; interactive times ¢ of MoP and MoA;
interactive times 7T’ of nested-refinement.
Output: Generated optimal algorithm.

1: // Nested-Refinement Metamorphosis
2: Initial population with a diverse set of prompts
and heuristics.
3:fork=1,2--- ,Tdo
4:  // Metamorphosis on Prompts (MoP)
5 fori=1,2,--- ,tdo
6: Initial population;
7 Reflection & Evolution;
8 Update prompts with code predictor;
9: Update predictor parameters;
10:  end for
11:  // Metamorphosis on Algorithms (MoA)
122 forj=1,2,--- ,tdo

13: Initial population;

14: Reflection & Evolution;

15: Update algorithms with code predictor;
16: Update predictor parameters;

17:  end for

18: end for

Evolution of Predictor. During prediction, we
begin by randomly sampling K code instances as
initial candidates for validation, forming an algo-
rithm pool of size K. The remaining generated
codes are then evaluated against these K samples
using the predictor, which estimates their perfor-
mance. Higher-performing candidates are retained,
while weaker ones are discarded, ensuring that only
the most promising algorithms remain.

Once MoP or MoA prediction is complete, we
obtain the top K algorithms, which are then fully
validated to determine their actual performance.
The validation results are subsequently used to fine-
tune the predictor’s parameters, following the ap-
proach outlined in Section 3.2, enhancing its align-
ment with real-world performance. This adaptive
selection process significantly reduces computa-
tional overhead while ensuring the generation of
high-quality algorithms.

3.3 Comparison with Existing Works

FunSearch (Romera-Paredes et al.,, 2024),
EoH (Liu et al., 2024a), and ReEvo (Ye et al.,
2024) rely solely on code evolution, lacking
prompt reflection and evolution, making them

Table 2: Comparisons with existing works.

MoA ‘ Predictor

Method | MoP |

| | Reflection | Evolution |
FunSearch | X | X | v | X
EoH | x | x | v | x
ReEvo | X | v | v | X
NeRM | vV | Vv | v |

highly dependent on initial prompts and limiting
adaptability. FunSearch mutates code without
refining task descriptions or incorporating solution
feedback, leading to inefficient exploration. EoH
evolves parent-generated heuristics without
optimizing prompt guidance, making it prone to
local optima and computationally expensive due
to exhaustive evaluation. ReEvo introduces code
reflection but lacks prompt refinement, requiring
full execution for candidate assessment, increasing
computational costs. In contrast, NeRM integrates
MoP and MoA, enabling the co-evolution of
prompts and algorithms, improving task alignment,
and leveraging predictor-assisted evaluation to
enhance efficiency while maintaining solution
quality. The comparison is shown in Table 2.

4 Experiments

4.1 Experimental Settings

Benchmarks. We conduct the proposed NeRM
on three different combinatorial optimization prob-
lems to evaluate its effectiveness and efficiency. (1)
Traveling Salesman Problem (TSP): Its target is
to find the shortest possible route for a salesman
to visit a set of cities exactly once and return to
the origin city. (2) Multiple Knapsack Problem
(MKP): This challenge involves selecting items,
each with a given weight and value, to maximize
the total value across multiple knapsacks, each with
a specified capacity constraint. We also report the
performance of the Capacitated Vehicle Routing
Problem (CVRP) in Appendix A.3.

Baselines. For TSP, we compare NeRM against
hand-crafted heuristics, including GLS (Voudouris
et al., 2010), KGLS (Arnold and Sorensen, 2019),
and EBGLS (Shi et al., 2018); prompt-based meth-
ods such as EEPE (Yu et al., 2023), CoAPT (Lee
et al., 2024), and APR (Liu et al., 2024b); and
evolution-based methods, including EoH (Liu et al.,
2024a) and ReEvo (Ye et al., 2024). For MKP, we
similarly compare NeRM with hand-crafted heuris-
tics, specifically VNS (Mladenovi¢ and Hansen,
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Figure 3: Evolution of NeRM for TSP. We outline the key prompts and best codes generated from NeRM. Moreover,
we present the best algorithm in the final iteration and compare it with the best-fit heuristic, EoH and EEPE.

1997), TS (Fred Glover, 1997), and ACO (Dorigo
and Di Caro, 1999), while keeping the compar-
isons with prompt and evolution-based methods

Table 4: Comparisons of different methods on MKP.
Bold results indicate the best performance.

Method ‘ MKP100 ‘ MKP300 ‘ MKP500
consistent with those used for TSP. Details of ex-
) . . . ) VNS 21.974+0.00 | 58.95+0.00 | 96.85+0.00
perimental settings are illustrated in Appendix A.2. TS 21915000 | 50.844000 | 76.2840.00
ACO 22.8640.00 58.9910.00 97.0340.00
Table 3: Comparisons of different methods on TSP. EEPE 22.854030 | 59.564146 | 98.464055
Bold results indicate the best performance. CoAPT 22.66+0.14 | 58.99+0.52 97.4940.83
APR 22.9540.26 60.27+1.35 99.7812.46
Meth: TSP1 TSP2 TSP TSP1
ethod \ SP100 \ SP200 \ SP500 \ SP1000 EoH 229340 14 593940 88 981011 57
GLS 0.66+0.00 | 2.70+0.00 | 3.86+0.00 | 4.22+0.00 ReEvo 22.9140.26 | 59.64+1.07 98.5742.12
KGLS | 0.0140.00 | 0.2840.00 | 0.9210.00 | 1.5540.00
EBGLS | 0.4410.00 | 1.3610.00 | 2.65+0.00 | 4.0940.00 NeRM | 23.031008 | 61.1310.37 | 101.56.+0.79
EEPE 0~00i0.00 0.24i0.04 0.81i0_07 1-40i0.17
CoAPT | 0.0110.00 | 0.2410.23 | 0.9310.99 | 1.58+1.64 .
APR 0.011£0.00 | 0.2440.24 | 0.8040.78 | 1.4641.39 4.3 Performance Comparison
EoH 0.04i0.01 0~36i0.05 1.48i0_13 2.26i0_09 .
ReEvo | 0.00:0.00 | 0.231+0.24 | 0.85:0.87 | 1.42+1.44 Effective of NeRM. Table 3 and 4 present per-
NeRM | 0.00:0.00 | 0.19:0.04 | 0.7720.04 | 1.31:0.08 formance comparisons for TSP and MKP, respec-

4.2 Implementation Details

All experiments are conducted using GPT-3.5
Turbo in a computational environment equipped
with an NVIDIA RTX 3070Ti GPU, an Intel i7-
11700K CPU, and 32GB of RAM. Each NeRM is
evaluated on 10 instances during training, generat-
ing 30 code candidates per iteration of MoP and
MoA. The code predictor is then used to retain the
top 3 candidates for the next generation. To assess
the performance and stability of different evolution
methods, each experiment is run three times, with
the mean and variance reported.

tively. In both TSP and MKP, the prompt-based
(e.g., EEPE, CoAPT, APR) and evolution-based
methods (e.g., EoH, ReEvo) outperform traditional
hand-crafted heuristics, demonstrating the poten-
tial of LLMs to generate effective heuristic solu-
tions. Additionally, prompt-based methods achieve
better performance than evolution-based methods,
highlighting the importance of prompt refinement
in guiding the generation of more effective algo-
rithms. Lastly, NeRM consistently outperforms
both prompt-based and evolution-based methods,
demonstrating that the nested interaction between
MoP and MoA effectively balances exploration and
optimization, leading to more efficient and high-
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Table 5: Performance of different prediction methods on
the TSP200. Bold results indicate the best performance.

Type Method Accuracy
BLEU 0.40
chrF 0.41
ROUGE-L 0.43
Token-based CodeBLEU 0.39
METEOR 0.31
RUBY 0.42
VANILLA 0.45
LLM-based ICE-Score 0.53
CodeJudge 0.60
Ours NeRM 0.78

quality algorithm generation.

Additionally, we visualize the evolution of
NeRM for TSP in Figure 3, illustrating key steps
along with the generated prompts and algorithms.
The fitness value (gap) gradually decreases from
0.28 to 0.19, demonstrating progressive improve-
ment. Compared to the best-fit heuristic, as well
as the algorithms generated by the code evolution
method (EoH) and the prompt evolution method
(EEPE), NeRM generates prompts that more pre-
cisely capture problem requirements and algo-
rithms with a hybrid function composed of multi-
ple components, enabling more comprehensive and
adaptable solutions. Additional generated prompts
and algorithms are provided in Appendix A.5.
Efficiency of NeRM. To demonstrate the efficiency
of NeRM, we compare its time consumption and
convergence speed against EoH and ReEvo in Fig-
ure 4. EoH represents a heuristic-based evolu-
tionary approach, while ReEvo leverages LLMs
as hyper-heuristics for adaptive algorithm search.
These methods serve as strong baselines, as they
both explore algorithm evolution but differ in refine-
ment strategies. As shown in Figure 4a, the evalu-
ation time for EoH and ReEvo increases exponen-
tially with problem size, while NeRM maintains
a linear growth trend. This efficiency gain can be
attributed to the code predictor, which estimates al-
gorithm performance without exhaustive evaluation
of every candidate. Additionally, as shown in Fig-
ures 4b and 4c, NeRM achieves faster convergence
and higher-quality code in TSP200 and MKP100.
This improvement is largely due to the code predic-
tor, which filters out low-quality candidates early in
the evolution process, reducing unnecessary evalua-
tions and accelerating convergence while ensuring
that only promising solutions are refined. More
results are shown in Appendix A.3.

Effect of Code Predictor. To assess the im-

pact of the code predictor, we compare our
approach with two alternative predictor types:
token-based predictors, including BLEU (Papineni
et al., 2002), chrF (Popovi¢, 2015), ROUGE-
L (Lin, 2004), CodeBLEU (Ren et al., 2020), ME-
TEOR (Denkowski and Lavie, 2014), RUBY (Tran
et al., 2019), which estimate code quality based
on textual similarity metrics; and LLM-based pre-
dictors, such as VANILLA (which directly queries
LLMs to compare codes), ICE-Score (Zhuo, 2024),
and CodelJudge (Tong and Zhang, 2024), which
leverage pre-trained models to assess the effective-
ness of generated algorithms. These predictor types
represent fundamentally different evaluation strate-
gies, enabling a comprehensive comparison of how
different prediction mechanisms influence both ef-
ficiency and solution quality. Details of the imple-
mentations are provided in Appendix A.2.

The results are reported in Table 5. We find
that LLM-based methods outperform token-based
predictors, demonstrating that leveraging contex-
tual understanding and semantic reasoning enables
more accurate and reliable performance evalua-
tion of generated algorithms. Additionally, the
predictor-assisted approach significantly outper-
forms token-based and LLM-based methods in per-
formance prediction. We attribute this to its ability
to leverage execution-based evaluation and iterative
refinement, enabling more accurate, efficient, and
scalable identification of high-quality solutions.

4.4 Ablation Study

Effect of Sub-module. We conduct the effect of
each sub-module to examine the contribution of
each component in NeRM: (1) w/o predictor: It
removes the module of predictor-assisted code eval-
uation; (2) w/o reflection: It removes the reflection
step in both MoP and MoA; (3) w/o evolution: It
removes the revolution step in MoP and MoA; (4)
w/o MoP: It removes the module of MoP and sim-
ply utilize MoA for code generation; (5) w/o MoA:
It utilize MoP for code generation.

Table 6: The results of ablation studies on TSP200.
Bold results indicate the best performance.

Method | Gap(%) | Time(s)
w/o predictor 0.18.+0.02 104
w/o reflection 0.22+0.01 63
w/o revolution 0.2440.04 62
w/o MoP 0.3440.16 80
w/o MoA 0.23+0.04 72
NeRM ‘ 0.1940.04 ‘ 83
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Figure 4: Performance comparison of different methods. (a) shows the time consumption for each method across
different TSP sizes. (b) (¢) illustrate the fitness trends of different methods on MKP100 and TSP200 over time.

Table 7: Performance comparison using different LLMs
as the backbone of NeRM. Bold values indicate the
best performance, while underlined values represent the
second-best performance.

Method | TSP200 | TSP300 | TSP400 | TSP500
GPT-3.5-Turbo 0.21 0.63 0.90 1.10
GPT-4-Turbo 0.18 0.40 0.55 0.72
Llama-3 70B 0.22 0.29 0.54 0.72
Gemini-1.5-Pro | 0.22 0.33 0.57 0.77
DeepSeek-V3 0.20 0.42 0.52 0.69
GLM-4-Flash 0.19 0.35 0.57 0.75

Experimental results are shown in Table 6. From
the table, we find that: (1) w/o predictor sig-
nificantly increases computational costs without
yielding an increase in solution quality, indicating
that the predictor efficiently filters out low-quality
heuristics before evaluation, reducing the need for
exhaustive testing and accelerating the evolutionary
process. (2) w/o reflection and w/o revolution lead
to a noticeable performance decline. Reflection
enables iterative refinement by leveraging histor-
ical outputs, while revolution, through mutation
and crossover, ensures diverse solution exploration.
Without these mechanisms, heuristic evolution re-
lies more on random variations, hindering efficient
convergence to optimal solutions. (3) w/o MoP and
w/o MoA significantly degrade performance, but in
different ways. Without MoP, the framework loses
its ability to refine task specifications dynamically,
which is crucial for guiding LLM-generated heuris-
tics. This results in suboptimal code generation, as
the model lacks effective guidance in exploring the
search space. On the other hand, removing MoA
prevents continuous heuristic refinement through
structured code evolution, leading to stagnation in
heuristic improvement after the initial generation.

Effect of Different LLMs. Table 7 presents the
performance of different LLMs as the backbone of

NeRM across TSP200-TSP500, highlighting varia-
tions in effectiveness across different problem sizes.
From the table, we find that, GPT-4-Turbo deliv-
ers the best performance for TSP200 and remains
highly competitive for larger instances, securing
the second-best score for TSP500. DeepSeek-V3
excels in handling larger problems, achieving the
best performance for TSP400 and TSP500, show-
casing its strength in scaling to more complex prob-
lem sizes. Llama-3 70B demonstrates strong per-
formance in TSP300 but shows a slight decline in
larger instances, indicating that while it is effec-
tive for medium-sized problems, it may struggle
with the scalability of larger datasets. Meanwhile,
GLM-4 Flash maintains stable and consistent per-
formance across all problem sizes, securing the
second-best result in TSP200 and remaining com-
petitive in TSP300 and TSP500, highlighting its
robustness in various settings. This variation in
performance across different LLMs underscores
the importance of model selection in optimizing
algorithm performance for specific problem sizes.

5 Conclusion

In this work, we introduced Nested-Refinement
Metamorphosis (NeRM), a framework that iter-
atively refines prompts and evolves heuristic al-
gorithms through reflection and optimization. In-
spired by biological metamorphosis, NeRM inte-
grates Metamorphosis on Prompts (MoP) to re-
fine task descriptions and Metamorphosis on Al-
gorithms (MoA) to enhance solutions. The nested
refinement between MoP and MoA balances ex-
ploration and optimization, enabling adaptive algo-
rithm design. To improve efficiency, we added a
predictor-assisted evaluation mechanism, filtering
out low-quality heuristics early and reducing com-
putational overhead. Experiments on TSP, MKP,

17405



and CVRP show that NeRM outperforms state-of-
the-art prompt-based and evolution-based methods
in both quality and efficiency. In future work, we
plan to expand NeRM to broader domains, enhance
predictor models for better assessment, and im-
prove scalability for large-scale algorithm design.

Limitation

While NeRM demonstrates strong performance in
algorithm design, several limitations remain. Its
effectiveness is influenced by the underlying LLM,
leading to performance variability depending on
model capabilities and computational costs. Al-
though the predictor-assisted evaluation reduces
computational overhead, iterative refinement of
both prompts and code still poses scalability chal-
lenges for extremely large problem instances or
real-time applications. Additionally, while NeRM
effectively explores and optimizes heuristic solu-
tions, its search space is constrained by predefined
prompt structures and evolutionary operations, po-
tentially limiting further diversity in exploration.
The framework has been primarily evaluated on
combinatorial optimization tasks, and its gener-
alization to fundamentally different problem do-
mains, such as continuous optimization or sym-
bolic reasoning, remains an open question. Further-
more, the predictor approximates performance in-
stead of executing all candidates, which, while im-
proving efficiency, may lead to occasional misclas-
sification of promising solutions. Addressing these
limitations could further enhance NeRM’s adapt-
ability, scalability, and effectiveness in broader al-
gorithm design applications.
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A Appendix

A.1 Dataset Construction for Code Predictor

We first construct a training set for predictor training. This dataset is generated by leveraging LL.Ms to
produce heuristic code for various problems. Each generated heuristic is then executed to evaluate its
performance (e.g., (code, data, per formance)). For instance, in the Traveling Salesman Problem (TSP),
we generate heuristic solutions for problem sizes of 50, 100, 150, and 200 nodes, with their optimal solution
gaps computed using the Concorde (Applegate et al., 2006). Given that smaller-scale TSP instances can
be solved efficiently and the predictor requires only a single training phase to generalize across different
problem instances, the computational overhead remains negligible. Once the dataset of code-gap pairs
is obtained, we randomly sample pairs of heuristic codes (e.g., D;; = (code;, data;, code;, data;)) and
compare their performance gaps. If the first sample outperforms the second, it is assigned a label of 1;
otherwise, it is labeled as O:

label(D;;) = 4 L 1T €Pi > gap;,
AR Vi gap; < gap;.

A.2 Details of Experimental Settings

Traveling Salesman Problems (TSP). The heuristic evolution is conducted on a set of 10 TSP200
instances, where TSP200 means that each TSP problem instance contains 200 cities. For the testing phase,
each problem size encompassed 64 problem instances, and the optimal paths were obtained using the
Concorde (Applegate et al., 2006) to obtain the average gap.

Methods in comparison includes:

» Hand-crafted heuristics: Two commonly used iterative solution methods, Guided Local Search
(GLS) (Voudouris et al., 2010) and Knowledge-Guided Local Search (KGLS) (Arnold and Sorensen,
2019), are selected here for comparison. An improved GLS method EBGLS (Shi et al., 2018)
is selected as the comparison algorithm. Their core improvement is to leverage domain-specific
knowledge to improve the efficiency and accuracy of solving optimal path finding tasks through
advanced language model techniques. For each problem instance, during the training phase, the
number of iterations is 1200 and the computation is limited to a maximum time of 20 seconds.
During the testing phase, the number of iterations for TSP50, TSP100, TSP200, TSP500, TSP1000
is 500, 1800, 800, 800, 800, and 800 respectively.

* Prompt engineering methods: Recent prompt engineering approaches optimize designs to enhance
LLMs’ adaptability and performance. EEPE (Yu et al., 2023) focuses on tailored prompts for
specific domains. CoAPT (Lee et al., 2024) uses context attribute words for accurate code generation.
APR (Liu et al., 2024b) introduces adaptive prompt routing for diverse text style transfer in code
generation.

» Evolution of heuristics approaches: Recently, these methods leverage LLMs to achieve significant
advancements in program search and algorithm design. EoH (Liu et al., 2024a) uses different
strategies to search for heuristic codes to achieve efficient automatic algorithm design; and ReEvo (Ye
et al., 2024) employs LLMs as hyper-heuristics with reflective evolution to enhance the adaptability
of heuristic codes.

Multiple Knapsack Problems (MKP). It refers to the optimization challenge of selecting items, each
with a given weight and value, to maximize the total value in multiple knapsacks, each with a specified
capacity constraint. The weights and values are both uniformly sampled from the interval [0,1], and the

capacity for each instance is uniformly sampled from (m;f;mx wij, Z w;j) following the settings in ReEvo.

J
Methods in comparison includes:

* Hand-crafted heuristics: Three commonly utilized solution algorithms, Variable Neighborhood
Search (VNS) (Mladenovi¢ and Hansen, 1997), Tabu Search (TS) (Fred Glover, 1997), and Ant
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Colony Optimization (ACO) (Dorigo and Di Caro, 1999), are employed for comparison. These
heuristics are designed to exploit problem-specific knowledge and patterns to efficiently explore the
solution space, aiming to identify high-quality solutions that balance the constraints and objectives
of the MKP.

* Prompt engineering methods and Evolution of heuristics approaches are the same as TSP.

Performance Predictor. The classification task of this module is to predict the performance of two
given pieces of code to identify the quality of the code and whether it needs to be evaluated during actual
execution. The datasets consists of around 5000 generated codes for each scenario during the execution of
the dual-branch framework and their evaluated fitness values. The label is a simple Boolean value that
represents whether the first code is better. Considering that the performance predictor needs to be trained,
for each problem, we randomly sampled 6000 pairs of codes for training; Then, 1000 code pairs were
randomly sampled from unused code to form a test set, and the prediction accuracy of all methods was
validated on this test set.
Methods in comparison includes:

* Token-based methods: Traditional methods used for assessing machine translation or text generation
have been adapted for evaluating code. BLEU (Papineni et al., 2002) measures modified n-gram preci-
sion and incorporates a penalty for brevity. ROUGE-L (Lin, 2004) evaluates sequence n-grams based
on the longest common sub-sequence. METEOR (Denkowski and Lavie, 2014) focuses on the recall
and precision of unigrams, taking into account the order of matched words. ChrF (Popovi¢, 2015)
calculates character-level n-gram precision and recall. Additionally, CodeBLEU (Ren et al., 2020)
and RUBY (Tran et al., 2019) further extend these traditional token-based techniques specifically for
code evaluation.

* LLM-based methods: ICE-Score (Zhuo, 2024) and CodeJudge (Tong and Zhang, 2024) are two
baseline methods for evaluating code generation, with ICE-Score focusing on semantic matching
using LL.Ms, and CodeJudge emphasizing syntactic and logical correctness through automated
judging systems.

A.3 Additional Experiments

Table 8: Comparisons of different methods on CVRP metrics. Bold results indicate the best performance.

Method | n=200 | n=500 | n=1000
POMO 11.62 34.78 292.46
POMO+DAR 11.48 35.07 289.33

POMO+ReEvo | 11.6640.19 | 36.85+1.76 155.40+49.54
POMO+NeRM 11-42i0A36 33.78i0,59 125.70i4&56

LEHD 4.30 3.83 5.59
LEHD+DAR 5.34 5.30 7.16
LEHD+ReEvo 3.79+0.23 3.0340.14 5.4940.14
LEHD+NeRM 3.07i0‘33 2-98i0.16 5.25i0_02

Capacitated Vehicle Routing Problem (CVRP). Table § presents the performance of POMO-based and
LEHD-based algorithms on CVRP across different problem sizes. The results demonstrate that integrating
ReEvo and NeRM significantly enhances heuristic effectiveness, enabling POMO (Kwon et al., 2020)
and LEHD (Luo et al., 2023) to surpass the expert-designed attention-reshaping heuristic DAR (Wang
et al., 2024b). This improvement underscores the advantage of incorporating both evolutionary and
prompt-based methods in solving combinatorial optimization problems. Notably, POMO and LEHD
combined with NeRM achieve the best results across all tested instances, highlighting the effectiveness of
MOoP in refining prompts and MoA in evolving heuristic code. The synergy between prompt refinement
and structured code evolution not only enhances heuristic adaptability but also optimizes overall efficiency.
These findings suggest that NeRM provides a more scalable and generalizable approach for solving
CVRP, demonstrating superior performance over conventional heuristic design methods. More details of
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the evolution process can be found in Figures 5a and 5b. They show the evolution processes on CVRP
200 with “POMO+NeRM” and “LEHD+NeRM?”, respectively. The horizontal axis represents the time
required to reach the threshold, and the vertical axis represents the normalized performance between the
best fitness value and the worst one. It can be seen that the proposed method converges faster.
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Figure 5: Comparison of different problems of the variation of fitness over time on the CVRP200.

A.4 Additional Ablation Studies

Evolution Process on Different Problems. Figure 6a-6¢ shows the evolution processes on TSP 300,
400, 500, respectively.
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Figure 6: Comparison of different methods on the variation of fitness over time on problems of different sizes.
The x-axis represents the running time, and the y-axis represents the normalized objective, which is obtained by
normalizing the best and worst results through different methods.

In terms of efficiency of different heuristic evolution methods, we also visualize the running time
required for different methods to achieve the threshold (i.e. fitness value) on TSP problems of different
sizes. As shown in the Figure mentioned above, the horizontal axis represents different sizes of TSP
problems, and the vertical axis represents the time required to reach the threshold. For the TSP problem
of a specific problem size, ReEvo is initially run five times, with a maximum of 300 code generations per
run. The fitness of the best code produced during these runs is taken as the threshold for that problem
size. Subsequently, each method is rerun, and the runtime is recorded when the threshold fitness is
achieved. To ensure fairness in the comparison, during the runtime, a serial process is used for code
evaluation. Additionally, to mitigate the impact of network fluctuations, the time consumed by API
invokes is excluded.

Different Training set sizes. Figure 7 illustrates the variation in prediction accuracy of the pre-trained
code performance predictor as the number of training samples increases. For each training set size, we
imposed a maximum of 300 epochs and incorporated an early stopping mechanism to prevent overfitting.
The figure reveals that the prediction accuracy rises rapidly as the number of samples increases from 1000
to 3000. However, beyond 3000 samples, the marginal benefit of increasing the sample size gradually
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diminishes. Therefore, blindly expanding the training sample size to see as many sample pairs as possible
to improve prediction efficiency is unnecessary.
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Figure 7: Accuracy of performance predictor varying with the number of training samples.

A.5 Generated Prompts and Heuristics

Best Prompt and Heuristic on Different Problems. This section presents the best prompts and
corresponding heuristics evolved by NeRM on different problems, as shown in Figure 8- 11.

Example Evolution Process. Typical processes of the proposed flow, such init process, MoP, MoC and
update process used in different problems, are shown in Table 9. EvoPrompt(?), LKH(?)

Table 9: Examples of the evolution Process on TSP, MKP, CVRP POMO, CVRP LEHD respectively.

Module \ Metamorphosis on Prompts (MoP) \ Metamorphosis on Algorithms (MoA)
Initial Population | Shown in Figure 12, 18, 24, 30

Reflection | Shown in Figure 15, 21, 26, 32 | Shown in Figure 13, 19, 25, 31
Evolution ‘ Shown in Figure 16, 22, 28, 34 ‘ Shown in Figure 14, 20, 27, 33

Update | Shown in Figure 17, 23, 29, 35
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fBest Prompt::
Heuristics to estimate the goodness of including each edge in a solution, combining machine learning-
driven tour initialization with population-based optimization, utilizing swarm intelligence and evolution
strategies to diversify the solution pool, followed by adaptive large neighborhood search to focus on
promising regions of the solution space, and ultimately refined through a recount heuristic, leveraging look-
ahead mechanisms and machine learning-enhanced tour fragment recombination to iteratively converge
towards an optimal solution that effectively balances distance minimization, route consolidation, and
diversified exploration to robustly solve large-scale Traveling Salesman Problems.
Best Algorithm:
def best_heuristic(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize the heuristics values with the distance values
heuristics_values = np.copy(distance_matrix)
# Simplify machine learning-driven tour initialization using centroid-based clustering
centroid = np.mean(distance_matrix, axis=0)
cluster_labels = np.argmin(distance_matrix, axis=0)
# Update the heuristics values based on cluster assignment
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
if i == cluster_labels[j]:
heuristics_values|i, j] *= 0.9 # favor intra-cluster edges
# Integrate city centrality measures using harmonic centrality
city_centralities= 1/ np.sum(1/ (distance_matrix + 1), axis=0)
# Update the heuristics values based on city centralities
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
# favor edges between central cities and distant cities
heuristics_values|i, j] *= (1 - city_centralities[i] * city_centralities[j])
# Apply adaptive large neighborhood search using a simplerradius-based approach
neighborhood_radius = int(distance_matrix.shape[0] * 0.2)
for i in range(distance_matrix.shape[0]):
neighborhood = np.argsort(distance_matrix[i])[:neighborhood_radius]
for j in range(distance_matrix.shape[1]):
if j in neighborhood:
heuristics_values|i, j] *= 1.1 # favor edges in promising neighborhoods
# Apply recount heuristic leveraging look-ahead mechanisms with a simplified score function
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
look_ahead_distance = np.min(
[distance_matrix[i, k] + distance_matrix[k, j] for k in range(distance_matrix.shape[0]) if
kl=iandk I=]])
heuristics_values|i, j] /= (1 + look_ahead_distance/ distance_matrix.shape[0])
# Apply machine learning-enhanced tour fragment recombination with a simpler greedy strategy
fragment_size = int(distance_matrix.shape[0] * 0.1)
for _inrange(10):
fragment_start = np.random.randint(0, distance_matrix.shape[0] - fragment_size)
fragment = np.arange(fragment_start, fragment_start + fragment_size)
fragment_distances = distance_matrix[fragment[:, None], fragment[None, :]]
recombined_fragment= np.argmin(fragment_distances, axis=1)
for i in range(fragment_size):
heuristics_values[fragment[i], fragment[recombined_fragment[i]]] *= 1.1
# Normalize the heuristics values
heuristics_values = np.where(heuristics_values > 0, heuristics_values, 1e-6) # avoid division by zero
heuristics_values /= np.sum(heuristics_values)
\ return heuristics_values

Figure 8: The best NeRM-generated prompt and corresponding heuristic for TSP_GLS.
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/Best Prompt::

Utilizing probabilistic solution sampling techniques, this enhanced version of the Multiple Knapsack Problem (MKP) tackles
the challenge of selecting item subsets for optimal prize maximization while adhering to complex, multi-dimensional weight
limitations. By integrating advanced heuristic algorithms, we optimize the selection process through a strategic combination
of metaheuristics and evolutionary computation, aiming to surpass conventional deterministic approaches and achieve
superior solution quality and efficiency.
Best Algorithm:
def best heuristic(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:

# Enhanced heuristic function with adaptive randomness, balanced mutation, and dynamic thresholding for MKP

# 1. Value-to-weight ratio

# 2. Weight sparsity

# 3. Proximity to average weight

# 4. Adaptive randomness for diversity

#5. Normalization and thresholding for sparsity

# 6. Mutation for dynamic thresholding

# Calculate the value-to-weight ratio for each item

value_to_weight_ratio = prize / weight.sum(axis=1)

# Calculate the sparsity of each item based on its weight dimensions

sparsity = 1/ (1 + np.sum(weight, axis=1))

# Calculate the proximity to the average weight for each item

average weight = weight.mean(axis=1)

proximity to_average = np.abs(weight- average weight[:, np.newaxis]).sum(axis=1)

# Combine the factors into a single heuristic score

combined_heuristic= value_to_weight_ratio * sparsity * (1 / proximity_to_average)

# Add a random component to introduce diversity

random_component = np.random.rand(prize.shape[0])

random_component = random_component/ np.sum(randem_component) # Normalize the random component

# Adjust the combined heuristic to form a probability distribution

combined_heuristic= (combined_heuristic + random_compenent)/ np.sum(combined_heuristic + random_component)

# Normalize the combined heuristic scores

normalized_combined_heuristic = combined_heuristic / np.sum(combined_heuristic)

# Mutation: dynamically adjust the threshold for sparsifying the heuristics

initial_threshold = np.percentile(normalized_combined_heuristic, 25) # Initial threshold

mutation_rate = 0.05 # Mutation rate for threshold

mutation = np.random.rand(prize.shape[0]) < mutation_rate

threshold = np.where(mutation, np.percentile(normalized_combined_heuristic[mutation], 50), initial_threshold)

# Sparsify the heuristics by setting elements below the dynamic threshold to zero

heuristics = np.where(normalized_combined_heuristic >= threshold, normalized_combined_heuristic, 0)

return heuristics

Figure 9: The best NeRM-generated prompt and corresponding heuristic for MKP_ACO.

17413



/Best Prompt::
Develop a sophisticated solution algorithm for the Capacitated Vehicle Routing Problem (CVRP), targeting
a minimization of route distances while ensuring vehicle capacities are adhered to strictly. Focus on the
implementation of exact or heuristic methods that can effectively integrate constraint programming,
dynamic window approaches, or multi-objective evolutionary algorithmsto tackle complex routing
challenges efficiently. Incorporate techniques like node partitioning, demand relaxation, and path
decompositionto optimize route selection, with an emphasis on real-time adaptation and robust
performance for dynamic problem instances.
Best Algorithm:
def best_heuristic(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
# Normalize distance matrix
max_distance = distance_matrix.max().item()
normalized_distances = distance_matrix/ max_distance
# Normalize demands
max_demand = demands.max().item()
normalized_demands = demands/ max_demand
# Calculate the potential value for each edge using a balance heuristic
# The heuristic now includes a dynamic weight based on the distance and demand
# The weightincreases with distance but is dampened by high demands
distance_weight= 0.5
demand_weight=2.0
penalty_threshold= 0.8 # Nodes with demand greater than 0.8 times the average demand are penalized
average_demand = normalized_demands.mean()
# Create a penalty term for high demand nodes
penalty_term = torch.where(normalized_demands > penalty_threshold,
normalized_demands - average_demand,
torch.zeros_like(normalized_demands))
# Introduce a node partitioning approach to separate nodes based on their demand
# Higher demand nodes are more likely to be penalized or have lower potential
partitioning_factor= 0.5
partitioning = torch.where(normalized_demands > average_demand,
normalized_demands,
torch.zeros_like(normalized_demands))
# Adjust potential values based on partitioning
potential_values = (normalized_distances * (1 - partitioning) +
distance_weight* normalized_distances +
demand_weight* normalized_demands -
penalty_term* partitioning).abs()
# Set the depot to 0 potential value
potential_values[0,:]= 0
potential_values[:;,0]=0
# Introduce a dynamic window approach to adapt weights based on current vehicle capacity
# Assume vehicle_capacity is passed as an argument
vehicle_capacity = demands.sum().item()/ n
dynamic_weight= 1.0 / (1.0 + vehicle_capacity)
potential_values *= dynamic_weight
return potential_values

Figure 10: The best NeRM-generated prompt and corresponding heuristic for CVRP_POMO.
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P

Best Prompt::
Revitalize eCVRP resolution through the synthesis of multi-criteria algorithms that optimize delivery time, route
length, and load capacities simultaneously. Leverage mixed heuristic methodologies, evolutionary optimization
techniques, advanced dynamic programmingapproaches, and strategic tabu search for adaptive, computationally
efficientrouting. Target an algorithmic ensemble that maximizes the synergy between service punctuality and
economic efficiency in the dynamic distribution landscape.
Best Algorithm:
def best_heuristic(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:

total_capacity = demands.sum()

normalized_demands= demands/ total capacity

# Adjusting the heuristic function to balance variance by using a cap on the demand variance.

demand_variance = (demands - normalized_demands.mean()).pow(2).mean()

demand_variance cap = torch.clamp(demand variance, min=0, max=1)

# Scaling the penalty based on the demand variance, but avoiding a penalty of 0 by capping

# at a small positive value.

penalty_factor= demand_variance_cap+ 0.1

# Introduce a scaling factor that adjusts the weight of distance to maintain scale invariance.

scaling_factor = torch.sqrt(total_capacity)

# Adjust the Z-score to account for the normalization of demands.

z_scores = (demands - normalized_demands.mean())/ normalized_demands.std()

outlier_penalty = torch.where(z_scores.abs() > 2, torch.tensor(10.0, dtype=distance_matrix.dtype),

torch.tensor(1.0, dtype=distance_matrix.dtype))
# Calculate heuristics by considering both demand and distance, and adjust by penalties and scaling factors.
heuristic_matrix = -torch.mul(
torch.mul(normalized_demands, distance_matrix),
penalty_factor* outlier_penalty

)

heuristic_matrix = heuristic_matrix * scaling_factor

# Apply a threshold to ensure heuristics are within a specificrange, which helps in maintaining stability.

threshold = torch.tensor(0.1, dtype=distance_matrix.dtype)

heuristic_matrix = torch.clamp(heuristic_matrix, min=-threshold, max=threshold)

return heuristic_matrix

Figure 11: The best NeRM-generated prompt and corresponding heuristic for CVRP_LEHD.

(1
Init Prompt:
Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires finding the
shortest path that visits all given nodes and returns to the starting node.
Init Algorithm:
def seed_func(distance_matrix: np.ndarray) -> np.ndarray:
return distance_matrix

Figure 12: Initialization of NeRM on TSP_GLS.
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/MoA Reflection:

Request
Use reference algorithms, explain the reasons why the better algorithm is good.
Better Algorithm:
def heuristics(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize an array to store the prior indicators, filled with zeros
prior_indicators = np.zeros_like(distance_matrix)
# Calculate the average distance for normalization
avg_distance = np.mean(distance_matrix)
# Calculate the prior indicators for each edge
# We assume that edges with shorter distances are less likely to be bad
prior_indicators = 1 - (distance_matrix / (2 * avg_distance))
# Set the diagonal elements to zero, as they represent the distance from a node to itself
np.fill_diagonal(prior_indicators, 0)
return prior_indicators

Worse Algorithm:
def heuristic(distance_matrix: np.ndarray) -> np.ndarray:
return distance_matrix

Response

Algorithm Reflection:
Algorithm Reflection: Use averages instead of max values.

/

Figure 13: MoA reflection of NeRM on TSP_GLS.

mA Revolution: \

Request
Use reference algorithm, assisting by reflect of previous round, generate a new algorithm.
Prompt: Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires
finding the shortest path that visits all given nodes and returns to the starting node.
Algorithm:
def heuristics(distance_matrix: np.ndarray) -> np.ndarray:

# Initialize an array to store the prior indicators, filled with zeros

prior_indicators = np.zeros_like(distance_matrix)

# Calculate the average distance for normalization

avg_distance = np.mean(distance_matrix)

# Calculate the prior indicators for each edge

# We assume that edges with shorter distances are less likely to be bad

prior_indicators = 1 - (distance_matrix /(2 * avg_distance))

# Set the diagonal elements to zero, as they represent the distance from a node to itself

npfill_diagonal(prior_indicators, 0)

return prior_indicators

Algorithm Reflection:

Use averages instead of max values.

Use max distance and introduce non-determinism.
Use averages instead of max values.

Response
Algorithm Revolution:
def evolved_algorithm(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize the heuristic matrix with the distance matrix
heuristic_matrix = distance_matrix.copy()
# Calculate the average distance of each edge
avg_distance = np.mean(distance_matrix)
# For each edge, calculate a penalty factor based on its distance
# Edges with higher distances are penalized more
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
# Calculate the penalty factor for the edge
penalty_factor = (distance_matrix[i][j] - avg_distance)/ avg_distance if avg_distance
I=0else0
# Update the heuristic value of the edge
heuristic_matrix[i][j] = distance_matrix[i][j] + penalty_factor * distance_matrix[i][j]

!’eturn heuristic_matrix

Figure 14: MoA revolution of NeRM on TSP_GLS.
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/MoP Reflection: N
e e Request ...........................................................
Use reference prompts, explain the reasons why the better prompt is good.

Reference Prompt:

Better Prompt: Optimizing the Traveling Salesman Problem (TSP) using metaheuristic search
techniques, specifically guided local search with iterative improvement, to efficiently explore the
solution space and identify the minimum-distance Hamiltonian cycle that visits each node
exactly once and returns to the origin.

Worse Prompt: Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires
finding the shortest path that visits all given nodes and returns to the starting node.

Prompt Reflection:
@peciw optimization strategies and techniques explicitly. Y

Figure 15: MoP reflection of NeRM on TSP_GLS.

@P Revolution: \

--------------------------------------- ReqUEST ~=mmm e e e e e e
Use reference prompt and code, assisting by reflect of previous round, generate a new prompt.
Prompt: Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires finding
the shortest path thatvisits all given nodes and returns to the starting node.

Best code:
def init_heuristic(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize the heuristic matrix with the distance matrix
heuristic_matrix = distance_matrix.copy()
# Calculate the average distance of each edge
avg_distance = np.mean(distance_matrix)
# For each edge, calculate a penalty factor based on its distance
# Edges with higher distances are penalized more
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
# Calculate the penalty factor for the edge
penalty_factor = (distance_matrix[i][j] - avg_distance) / avg_distance if avg_distance !=0
else 0
# Update the heuristic value of the edge
heuristic_matrix[i][j] = distance_matrix[i][j] + penalty_factor * distance_matrix[i][j]
return heuristic_matrix

Prompt Reflection:

Specify optimization strategies and techniques explicitly.
Specify key techniques and optimization strategies clearly.
Explicitness, conciseness, and clarity improve descriptions.

Prompt Revolution:

Emphasizing adaptive search trajectories and perturbation strategies, the proposed method
leverages a hybrid metaheuristic framework integrating guided local search with iterative
improvement, incorporating dynamic parameter tuning and stochastic perturbations to
exhaustively explore the TSP solution space and effectively converge on a minimum-distance /

wmiltonian cycle.

Figure 16: MoP revolution of NeRM on TSP_GLS.
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@volution Update: \

Prompt:

Emphasizing adaptive search trajectories and perturbation strategies, the proposed method
leverages a hybrid metaheuristic framework integrating guided local search with iterative
improvement, incorporating dynamic parameter tuning and stochastic perturbations to
exhaustively explore the TSP solution space and effectively converge on a minimum-distance
Hamiltonian cycle.

Seed Algorithm:
def new_seed_func(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize the heuristic matrix with the distance matrix
heuristic_matrix = distance_matrix.copy()
# Calculate the average distance of each edge
avg_distance = np.mean(distance_matrix)
# For each edge, calculate a penalty factor based on its distance
# Edges with higher distances are penalized more
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
# Calculate the penalty factor for the edge
penalty_factor = (distance_matrix[i][j] - avg_distance) / avg_distance if avg_distance !=0
else 0
# Update the heuristic value of the edge
heuristic_matrix[i][j] = distance_matrix[i][j] + penalty_factor * distance_matrix[i][j]
K return heuristic_matrix

Figure 17: Evolution udpate of NeRM on TSP_GLS.

/Init Prompt:
Solving Multiple Knapsack Problems (MKP) through stochastic solution sampling based
on "heuristics”. MKP involves selecting a subset of items to maximize the total prize
collected, subject to multi-dimensional maximum weight constraints.
Init Algorithm:
def seed_func(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:

return prize / np.sum(weight, axis=1)

Figure 18: Initialization of NeRM on MKP_ACO.

MoA Reflection: \
""" Request
Use reference algorithms, explain the reasons why the better algorithm is good.
def heuristics(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:

# Calculate the prize-to-weight ratio for each item

prize_to_weight_ratio = prize / weight.sum(axis=1)

# Normalize the prize-to-weight ratio to sum to 1

normalized_prize_to_weight_ratio = prize_to_weight_ratio/ prize_to_weight_ratio.sum()

# Use a probabilistic sampling mechanism to select items

heuristics = np.random.choice(normalized_prize_to_weight_ratio,
size=normalized_prize_to_weight_ratio.shape[0],

p=normalized_prize_to_weight_ratio)

return heuristics
Worse Algorithm:
def heuristics(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:

return prize / np.sum(weight, axis=1)

Response

Algorithm Reflection:
Algorithm Reflection: Use of sorting, explicit optimization goal. /

Figure 19: MoA reflection of NeRM on MKP_ACO.
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MoA Revolution:

----------- Request

Use reference algorithm, assisting by reflect of previous round, generate a new algorithm.
Solving Multiple Knapsack Problems (MKP) through stochastic solution sampling based on
"heuristics". MKP involves selecting a subset of items to maximize the total prize collected,
subject to multi-dimensional maximum weight constraints.
Algorithm:
def heuristics(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:
# Calculate the prize-to-weight ratio for each item
prize_to_weight_ratio = prize / weight.sum(axis=1)
# Normalize the prize-to-weight ratio to sum to 1
normalized_prize_to_weight_ratio = prize_to_weight_ratio/ prize_to_weight_ratio.sum()
# Use a probabilistic sampling mechanism to select items
heuristics = np.random.choice(normalized_prize_to_weight_ratio,
size=normalized_prize_to_weight_ratio.shape[0],
p=normalized_prize_to_weight_ratio)
return heuristics

Algorithm Reflection:

Use averages instead of max values.

Prioritization of higher value items, simplicity in heuristic implementation.
simple heuristic, sort by prize, index-based allocation.

Algorithm Revolution:
def evolved_algorithm(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:

# Calculate the prize-to-weight ratio for each item

prize_to_weight_ratio = prize / weight.sum(axis=1)

# Normalize the prize-to-weight ratio to sum to 1

normalized_ratio = prize_to_weight_ratio/ prize_to_weight_ratio.sum()

# Incorporate adaptive learning mechanism: adjust the heuristic based on past
performance

# This is a simplified example of an adaptive learning mechanism, which could be more
complex

# in a real-world scenario.

# Assume we have a learning rate and an exploration factor

learning_rate = 0.1

exploration_factor=0.2

# Initialize the heuristic array with normalized ratio

heuristics = np.zeros_like(prize_to_weight_ratio)

# Iterate over each item to calculate its heuristic value

for i in range(len(prize)):

# Calculate a heuristic value that combines exploration and exploitation
heuristics[i] = (1 - exploration_factor) * normalized_ratio[i] + exploration_factor *

np.random.rand()

# Apply dimensionality reduction to simplify the problem space

# This could be a PCA or any other suitable dimensionality reduction technique

# For simplicity, we'll just take the top-k items based on prize-to-weight ratio

k =int(0.1 * len(prize)) # Example of selecting top 10% of items

top_k_indices = np.argsort(prize_to_weight_ratio)[-k:]

heuristics[top_k_indices]*=2 # Increase the heuristic of top-k items

return heuristics

AN )

Figure 20: MoA revolution of NeRM on MKP_ACO.
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/M_oP Reflection: \

Request
Use reference prompts, explain the reasons why the better prompt is good.

Reference Prompt:

Better Prompt: Enhancing MKP resolution via an advanced heuristic-based probabilistic
sampling mechanism. This approach strategically selects items based on a dynamic prize-to-
weight ratio ranking, integrating a novel indexing system for efficient subset sampling. The
algorithm sharpens its search by prioritizing high-value items, adeptly balancing the trade-offs
between exploration and exploitation. It incorporates adaptive learning algorithms and employs
sophisticated dimensionality reduction techniques to refine load distribution. This ensures a
targeted optimization process that respects weight and capacity constraints, yielding a more
precise and effective solution strategy.

Worse Prompt: Solving Multiple Knapsack Problems (MKP) through stochastic solution
sampling based on "heuristics”. MKP involves selecting a subset of items to maximize the total
prize collected, subject to multi-dimensional maximum weight constraints.

Response

Prompt Reflection:
KGive detailed, specific, and technical specification. /

Figure 21: MoP reflection of NeRM on MKP_ACO.

ﬂP Revolution: \

Request
Use reference prompt and code, assisting by reflect of previous round, generate a new prompt.
Prompt: Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires finding
the shortest path that

visits all given nodes and returns to the starting node.

Best code:
def heuristic(distance_matrix: np.ndarray) -> np.ndarray:
# Initialize the heuristic matrix with the distance matrix
heuristic_matrix = distance_matrix.copy()
# Calculate the average distance of each edge
avg_distance = np.mean(distance_matrix)
# For each edge, calculate a penalty factor based on its distance
# Edges with higher distances are penalized more
for i in range(distance_matrix.shape[0]):
for j in range(distance_matrix.shape[1]):
# Calculate the penalty factor for the edge
penalty_factor = (distance_matrix[i][j] - avg_distance) / avg_distance if avg_distance =0
else 0
# Update the heuristic value of the edge
heuristic_matrix[i][j] = distance_matrix[i][j] + penalty_factor * distance_matrix[i][j]
return heuristic_matrix

Prompt Reflection:

Misleading Aspects: Avoid vague terms like "novel,” "robust,” or "strategic™ without detail.
Algorithmic Insights: Clearly define the heuristic's purpose and its impact on the solution
process.

Response
Prompt Revolution:

Solving the Multiple Knapsack Problem (MKP) using a stochastic solution sampling heuristic
that leverages the prize-to-weight ratio for item selection. This heuristic employs a modified
greedy algorithm, which sorts items by their prize-to-weight ratio in descending order. The
algorithm iteratively selects items that maximize the total prize while respecting the multi-
dimensional weight constraints of each knapsack. It also incorporates a balancing mechanism
that dynamically adjusts the selection criteria based on the remaining capacity of each
knapsack, ensuring optimal load distribution without exceeding weight limitations. /

Figure 22: MoP revolution of NeRM on MKP_ACO.
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Gfolution Update: \

Prompt:

Solving the Multiple Knapsack Problem (MKP) using a stochastic solution sampling heuristic that
leverages the prize-to-weight ratio for item selection. This heuristic employs a modified greedy
algorithm, which sorts items by their prize-to-weight ratio in descending order. The algorithm
iteratively selects items that maximize the total prize while respecting the multi-dimensional
weight constraints of each knapsack. It also incorporates a balancing mechanism that
dynamically adjusts the selection criteria based on the remaining capacity of each knapsack,
ensuring optimal load distribution without exceeding weight limitations.

Seed Algorithm:
def new_seed_func(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:
# Calculate the prize-to-weight ratio for each item
prize_to_weight_ratio = prize / weight.sum(axis=1)
# Sort items by their prize-to-weight ratio in descending order
sorted_indices = np.argsort(prize_to_weight_ratio)[::-1]
# Initialize an array to store the heuristics value for each item
heuristics = np.zeros_like(prize)
# Iterate over the sorted indices and update the heuristics array
for i in sorted_indices:
# Calculate the cumulative weight for the current item
cumulative_weight = weight[i].sum()
# Update the heuristics value for the current item
heuristics[i] = cumulative_weight / prize[i]
# Break if the cumulative weight exceeds the maximum allowed weight
if cumulative_weight >=1:
break

\retu rn heuristics /

Figure 23: Evolution udpate of NeRM on MKP_ACO.

/Init Prompt: R
Init Population:

Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some prior heuristics.
CVRP requires finding the shortest path that visits all given nodes and returns to the starting
node. Each node has a demand and each vehicle has a capacity. The total demand of the

nodes visited by a vehicle cannot exceed the vehicle capacity. When the total demand

exceeds the vehicle capacity, the vehicle must return to the starting node.

Init Algorithm:

def seed_func(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:

return torch.zeros_like(distance_matrix)func(distance_matrix: np.ndarray) -> np.ndarray:
return distance_matrix y.

-

Figure 24: Initialization of NeRM on CVRP_POMO.
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@)A Reflection: \

Request
Use reference algorithms, explain the reasons why the better algorithm is good.
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
total_capacity = demands.sum()
normalized_demands = demands / total_capacity
# Initialize the heuristics matrix with zeros
heuristics = torch.zeros_like(distance_matrix)
# Calculate the heuristic value for each edge
for i in range(n):
for j in range(n):
ifil=j:
# Demand-driven edge assessment
demand_difference = normalized_demands[i] - normalized_demands|j]
# Capacity-based heuristic adjustment
heuristics][i, j] = -abs(demand_difference)
return heuristics

Worse Algorithm:
def heuristics(prize: np.ndarray, weight: np.ndarray) -> np.ndarray:
return prize / np.sum(weight, axis=1)

Response
Algorithm Reflection:

1. Normalize appropriately.
2_Combine demand and distance.

3. Weight factors for balance.

QAdjust for depot prominence. j

Figure 25: MoA reflection of NeRM on CVRP_POMO.

moP Reflection: \

Request
Use reference prompts, explain the reasons why the better prompt is good.

Reference Prompt:

Better Prompt: Optimizing the Capacitated Vehicle Routing Problem (CVRP) by integrating
advanced heuristic algorithms. This approach involves identifying efficient paths that
encompass all nodes, ensuring each vehicle's load does not surpass its capacity constraints.
The emphasis is on the strategic allocation of vehicle capacities, dynamic route adjustments
based on node demands, and the integration of metaheuristics for improved solution quality.
Techniques such as Tabu Search, Genetic Algorithms, and Ant Colony Optimization are
employed to enhance the solution’s robustness and effectiveness, ultimately yielding optimized
routing strategies for complex logistics scenarios.

Worse Prompt: Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some
prior heuristics. CVRP requiresfinding the shortest path that visits all given nodes and returns
to the starting node. Each node has a demand and each vehicle has a capacity. The total
demand of the nodes visited by a vehicle cannot exceed the vehicle capacity. When the total
demand exceeds the vehicle capacity, the vehicle must return to the starting node.

Response
Prompt Reflection:
Specify heuristic computation details, focus on demand and capacity interaction, clarify

thimizalion objectives. /

Figure 26: MoP reflection of NeRM on CVRP_POMO.
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GA Revolution: \

Request e R
Use reference algorithm, assisting by reflect of previous round, generate a new algorithm.
Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some prior heuristics.
CVRP requires finding the shortest path that visits all given nodes and returns to the starting
node. Each node has a demand and each vehicle has a capacity. The total demand of the
nodes visited by a vehicle cannot exceed the vehicle capacity. When the total
demand exceeds the vehicle capacity, the vehicle must return to the starting node.
Algorithm:
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
total_capacity = demands.sum()
normalized_demands = demands / total_capacity
# Initialize the heuristics matrix with zeros
heuristics = torch.zeros_like(distance_matrix)
# Calculate the heuristic value for each edge
for i in range(n):
for j in range(n):
ifil=j:
# Demand-driven edge assessment
demand_difference = normalized_demands[i] - normalized_demandsi[j]
# Capacity-based heuristic adjustment
heuristics]i, j] = -abs(demand_difference)
return heuristics

Algorithm Reflection:

1. Normalize appropriately.

2. Combine demand and distance.
3. Weight factors for balance.

4. Adjust for depot prominence.

- RESPONSE —-m-mm e e e e e
Algorithm Revolution:
def evolved_algorithm(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
# Initialize the heuristic matrix with zeros
heuristic_matrix = torch.zeros_like(distance_matrix)
# Calculate the cumulative demand from the depot to each customer
cumulative_demand = torch.cumsum(demands, dim=0)
# Calculate the heuristics based on the distance matrix and cumulative demand
for i in range(n):
for j in range(n):
ifil=j:
# Calculate the difference in cumulative demand from the depot to j
#and from ito j
demand_diff = cumulative_demand([j] - cumulative_demand[i]
# Use the distance as a weight
heuristic_value = -distance_matrix[i, j] + demand_diff
else:
# No cost to go back to the depot
heuristic_value=0
# Update the heuristic matrix
heuristic_matrix[i, j] = heuristic_value

Kreturn heuristic_matrix /

Figure 27: MoA revolution of NeRM on CVRP_POMO.
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(oo O

oP Revolution:
e e - Request —---------me e s
Use reference prompt and code, assisting by reflect of previous round, generate a new prompt.
Prompt: Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some prior
heuristics. CVRP requires finding the shortest path that visits all given nodes and returns to the
starting node. Each node has a demand and each vehicle has a capacity. The total demand of the
nodes visited by a vehicle cannot exceed the vehicle capacity. When the total demand exceeds
the vehicle capacity, the vehicle must return to the starting node.

Best code:
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
# Initialize the heuristic matrix with zeros
heuristic_matrix = torch.zeros_like(distance_matrix)
# Calculate the cumulative demand from the depot to each customer
cumulative_demand = torch.cumsum(demands, dim=0)
# Calculate the heuristics based on the distance matrix and cumulative demand
for i in range(n):
for j in range(n):
ifil=j:
# Calculate the difference in cumulative demand from the depot to j
#and fromitoj
demand_diff = cumulative_demand]j] - cumulative_demand]i]
# Use the distance as a weight
heuristic_value = -distance_matrix[i, j] + demand_diff
else:
# No cost to go back to the depot
heuristic_value =0
# Update the heuristic matrix
heuristic_matrix[i, j] = heuristic_value
return heuristic_matrix

Prompt Reflection:
Specify heuristic computation details, focus on demand and capacity interaction, clarify
optimization objectives.

-------------- Response
Prompt Revolution:
Develop a demand-driven heuristic for solving the Capacitated Vehicle Routing Problem (CVRP)
that incorporates a clear allocation strategy for vehicle capacities, taking into account the
specific demands of each node. The heuristic must ensure that vehicle loads remain within
predefined capacity constraints while optimizing overall efficiency. It should dynamically adjust
vehicle capacities and routes in response to varying node demands. This algorithm should use
Tabu Search and Genetic Algorithms to manage the vehicle routing effectively, prioritizing high-
demand nodes and evaluating potential routes based on maximum demand and route efficiency.
The goal is to create a scalable and robust routing strategy that adapts to fluctuating demands
and total capacities, ensuring an optimized solution that balances demand-driven assessments

{ith capacity constraints. /

Figure 28: MoP revolution of NeRM on CVRP_POMO.
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Aolution Update: \

Prompt:

Develop a demand-driven heuristic for solving the Capacitated Vehicle Routing Problem (CVRP)
that incorporates a clear allocation strategy for vehicle capacities, taking into account the
specific demands of each node. The heuristic must ensure that vehicle loads remain within
predefined capacity constraints while optimizing overall efficiency. It should dynamically adjust
vehicle capacities and routes in response to varying node demands. This algorithm should use
Tabu Search and Genetic Algorithms to manage the vehicle routing effectively, prioritizing
high-demand nodes and evaluating potential routes based on maximum demand and route
efficiency. The goal is to create a scalable and robust routing strategy that adapts to fluctuating
demands and total capacities, ensuring an optimized solution that balances demand-driven
assessments with capacity constraints.

Seed Algorithm:
def new_seed_func(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
n = distance_matrix.shape[0]
# Initialize the heuristic matrix with zeros
heuristic_matrix = torch.zeros_like(distance_matrix)
# Calculate the cumulative demand from the depot to each customer
cumulative_demand = torch.cumsum(demands, dim=0)
# Calculate the heuristics based on the distance matrix and cumulative demand
for i in range(n):
for j in range(n):
ifil=j:
# Calculate the difference in cumulative demand from the depot to j
#and fromitoj
demand_diff = cumulative_demand][j] - cumulative_demandli]
# Use the distance as a weight
heuristic_value = -distance_matrix[i, j] + demand_diff
else:
# No cost to go back to the depot
heuristic_value =0
# Update the heuristic matrix

heuristic_matrix[i, j] = heuristic_value
\retu rn heuristic_matrix /

Figure 29: Evolution udpate of NeRM on CVRP_POMO.

'/Init Prompt:
Init Population:
Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some prior
heuristics. CVRP requires finding the shortest path that visits all given nodes and returns
to the starting node. Each node has a demand and each vehicle has a capacity. The total
demand of the nodes visited by a vehicle cannot exceed the vehicle capacity. When the
total demand exceeds the vehicle capacity, the vehicle must return to the starting node.
Init Algorithm:
def seed_func(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:

Y return torch.zeros_like(distance_matrix)

Figure 30: Initialization of NeRM on CVRP_LEHD.

17425



G}A Reflection: \

Y e Request -
Use reference algorithms, explain the reasons why the better algorithm is good.
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
dist_mat = distance_matrix.numpy()
demands = demands.numpy()
# Create an initial heuristic value of 0 for the diagonal (no movement)
heuristics = np.zeros_like(dist_mat)
# Calculate the sum of demands for each vehicle
total_demand = demands.sum()
# Calculate the heuristic for each edge
for i in range(len(demands)):
for j in range(len(demands)):
ifil=j:
# Calculate the demand that would be served if we went to node j
new_demand = total_demand - demandsj]
if demands]i] <= total_demand - demandsI[j]:
# If the new demand is within the vehicle capacity, calculate the heuristic
heuristics]i, j] = dist_mat[i, j] * (1 - new_demand / total_demand)
return torch.from_numpy(heuristics)

Worse Algorithm:
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
return torch.zeros_like(distance_matrix)

Algorithm Reflection:
1. Use vectorized operations for efficiency.
2. Incorporate demand and distance in a meaningful way.

QAvoid unnecessary loops. /

Figure 31: MoA reflection of NeRM on CVRP_LEHD.

/MoP Reflection:
., Request ...........................................................
Use reference prompts, explain the reasons why the better prompt is good.

Reference Prompt:

Better Prompt: Revitalize eCVRP resolution through the synthesis of multi-criteria algorithms
that optimize delivery time, route length, and load capacities simultaneously. Leverage mixed
heuristic methodologies, evolutionary optimization techniques, advanced dynamic
programming approaches, and strategic tabu search for adaptive, computationally efficient
routing. Target an algorithmic ensemble that maximizes the synergy between service
punctuality and economic efficiency in the dynamic distribution landscape.

Worse Prompt: Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some
prior heuristics. CVRP requiresfinding the shortest path that visits all given nodes and returns
to the starting node. Each node has a demand and each vehicle has a capacity. The total
demand of the nodes visited by a vehicle cannot exceed the vehicle capacity. When the total
demand exceeds the vehicle capacity, the vehicle must return to the starting node.

Prompt Reflection:
\Detailed, innovative, multi-faceted approach.

Figure 32: MoP reflection of NeRM on CVRP_LEHD.
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@A Revolution: \

Request
Use reference algorithm, assisting by reflect of previous round, generate a new algorithm.
Assisting in solving Capacitated Vehicle Routing Problem (CVRP) with some prior heuristics.
CVRP requires finding the shortest path that visits all given nodes and returns to the starting
node. Each node has a demand and each vehicle has a capacity. The total demand of the
nodes visited by a vehicle cannot exceed the vehicle capacity. When the
total demand exceeds the vehicle capacity, the vehicle must return to the starting node.
Algorithm:
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:

dist_mat = distance_matrix.numpy()

demands = demands.numpyy()

heuristics = np.zeros_like(dist_mat)

# Calculate the sum of demands for each vehicle

total_demand = demands.sum()

# Calculate the heuristic for each edge

for i in range(len(demands)):

for j in range(len(demands)):
ifil=j:
new_demand = total_demand - demandsj]
if demands][i] <= total_demand - demands[j]:
heuristics[i, j] = dist_mat[i, j] * (1 - new_demand/ total_demand)
return torch.from_numpy(heuristics)

Algorithm Reflection:

1. Use vectorized operations for efficiency.

2. Incorporate demand and distance in a meaningful way.
3. Avoid unnecessary loops.

Response

Algorithm Revolution:
def evolved_algorithm(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch. Tensor:

total_capacity = demands.sum()

load_factor = demands / total_capacity

demand_normalized = demands / demands.sum()

heuristic_values = -distance_matrix + demand_normalized.unsqueeze(1) *
demands.unsqueeze(0)

# Introduce a penalty for high load factor to encourage load balancing

penalty_factor = 0.1

high_load_penalty = penalty_factor * torch.clamp(load_factor, min=1.0)*
torch.clamp(demand_normalized, min=0.5)

heuristic_values -= high_load_penalty

# Introduce a discount factor for high savings to encourage exploration

discount_factor= 0.05

high_savings_penalty = discount_factor* torch.clamp(torch.abs(heuristic_values),
max=0.5)

heuristic_values -= high_savings_penalty

# Introduce a dynamic adjustment for exploration and exploitation

exploration_factor = torch.rand_like(load_factor)

exploitation_factor= 1 - exploration_factor

exploration_factor = torch.clamp(exploration_factor, min=0.5, max=1.0)

exploitation_factor = torch.clamp(exploitation_factor, min=0.5, max=1.0)

# Combine exploration and exploitation factors

heuristic_values *= exploration_factor.unsqueeze(0) * exploration_factor.unsqueeze(1)

heuristic_values *= exploitation_factor.unsqueeze(0) * exploitation_factor.unsqueeze(1)

# Adapt heuristics with nuanced scaling for penalties, discounts, and dynamic conditions

dynamic_factor = load_factor** 0.5

dynamic_factor = torch.clamp(dynamic_factor, min=1.0)

heuristic_values *= dynamic_factor.unsqueeze(0) * dynamic_factor.unsqueeze(1)

\return heuristic_values /

Figure 33: MoA revolution of NeRM on CVRP_LEHD.
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S Requegt ...........................................................

Use reference prompt and code, assisting by reflect of previous round, generate a new prompt.
Prompt: Solving Traveling Salesman Problem (TSP) via guided local search. TSP requires finding
the shortest path that visits all given nodes and returns to the starting node.

Best code:
def heuristics(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
total_capacity = demands.sum()
load_factor = demands / total_capacity
demand_normalized = demands / demands.sum()
heuristic_values = -distance_matrix + demand_normalized.unsqueeze(1) *
demands.unsqueeze(0)
# Introduce a penalty for high load factor to encourage load balancing
penalty_factor = 0.1
high_load_penalty = penalty_factor * torch.clamp(load_factor, min=1.0) *
torch.clamp(demand_normalized, min=0.5)
heuristic_values -= high_load_penalty
# Introduce a discount factor for high savings to encourage exploration
discount_factor =0.05
high_savings_penalty = discount_factor * torch.clamp(torch.abs(heuristic_values), max=0.5)
heuristic_values -= high_savings_penality
# Introduce a dynamic adjustment for exploration and exploitation
exploration_factor = torch.rand_like(load_factor)
exploitation_factor = 1 - exploration_factor
exploration_factor = torch.clamp(exploration_factor, min=0.5, max=1.0)
exploitation_factor = torch.clamp(exploitation_factor, min=0.5, max=1.0)
# Combine exploration and exploitation factors
heuristic_values *= exploration_factor.unsqueeze(0) * exploration_factor.unsqueeze(1)
heuristic_values *= exploitation_factor.unsqueeze(0) * exploitation_factor.unsqueeze(1)
# Adapt heuristics with nuanced scaling for penalties, discounts, and dynamic conditions
dynamic_factor = load_factor ** 0.5
dynamic_factor = torch.clamp(dynamic_factor, min=1.0)
heuristic_values *= dynamic_factor.unsqueeze(0) * dynamic_factor.unsqueeze(1)
return heuristic_values

Prompt Reflection:
Detailed, innovative, multi-faceted approach.

Prompt Revolution:

Design a hybrid optimization algorithm for the Capacitated Vehicle Routing Problem (CVRP) that
combines dynamic programming for route length minimization, advanced heuristics for demand
and capacity management, and tabu search for strategic exploration. The algorithm should
integrate evolutionary optimization techniques to refine routing and balance cost and timeliness.
The objective is to achieve optimal load balancing and resource utilization, ensuring punctuality
and economic efficiency in a dynamic distribution environment. The algorithm must adapt to
changing conditions, effectively managing fluctuations in demand and vehicle capacity, and

Qmonstrate robustness in solving CVRP instances with varying complexities. /

Figure 34: MoP revolution of NeRM on CVRP_LEHD.
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Prompt:

Design a hybrid optimization algorithm for the Capacitated Vehicle Routing Problem (CVRP) that
combines dynamic programming for route length minimization, advanced heuristics for demand
and capacity management, and tabu search for strategic exploration. The algorithm should
integrate evolutionary optimization techniques to refine routing and balance cost and timeliness.
The objective is to achieve optimal load balancing and resource utilization, ensuring punctuality
and economic efficiency in a dynamic distribution environment. The algorithm must adapt to
changing conditions, effectively managing fluctuations in demand and vehicle capacity, and
demonstrate robustness in solving CVRP instances with varying complexities.

Seed Algorithm:
def new_seed_func(distance_matrix: torch.Tensor, demands: torch.Tensor) -> torch.Tensor:
total_capacity = demands.sum()
load_factor = demands / total_capacity
demand_normalized = demands / demands.sum()
heuristic_values = -distance_matrix + demand_normalized.unsqueeze(1) *
demands.unsqueeze(0)
# Introduce a penalty for high load factor to encourage load balancing
penalty_factor = 0.1
high_load_penalty = penalty_factor * torch.clamp(load_factor, min=1.0) *
torch.clamp(demand_normalized, min=0.35)
heuristic_values -= high_load_penalty
# Introduce a discount factor for high savings to encourage exploration
discount_factor =0.05
high_savings_penalty = discount_factor * torch.clamp(torch.abs(heuristic_values), max=0.3)
heuristic_values -= high_savings_penality
# Introduce a dynamic adjustment for exploration and exploitation
exploration_factor = torch.rand_like(load_factor)
exploitation_factor = 1 - exploration_factor
exploration_factor = torch.clamp(exploration_factor, min=0.5, max=1.0)
exploitation_factor = torch.clamp(exploitation_factor, min=0.5, max=1.0)
# Combine exploration and exploitation factors
heuristic_values *= exploration_factor.unsqueeze(0) * exploration_factor.unsqueeze(1)
heuristic_values *= exploitation_factor.unsqueeze(0) * exploitation_factor.unsqueeze(1)
# Adapt heuristics with nuanced scaling for penalties, discounts, and dynamic conditions
dynamic_factor = load_factor ** 0.5
dynamic_factor = torch.clamp(dynamic_factor, min=1.0)

\heuristic_values *= dynamic_factor.unsqueeze(0) * dynamic_factor.unsqueeze(1) /

return heuristic_values

Figure 35: Evolution udpate of NeRM on CVRP_LEHD.
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