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Abstract

Large Language Models (LLMs) are proficient
at retrieving single facts from extended con-
texts, yet they struggle with tasks requiring the
simultaneous retrieval of multiple facts, espe-
cially during generation. This paper identifies a
novel “lost-in-the-middle” phenomenon, where
LLMs progressively lose track of critical in-
formation throughout the generation process,
resulting in incomplete or inaccurate retrieval.
To address this challenge, we introduce Find
All Crucial Texts (FACT), an iterative retrieval
method that refines context through successive
rounds of rewriting. This approach enables
models to capture essential facts incrementally,
which are often overlooked in single-pass re-
trieval. Experiments demonstrate that FACT
substantially enhances multi-fact retrieval per-
formance across various tasks, though improve-
ments are less notable in general-purpose QA
scenarios. Our findings shed light on the limita-
tions of LLMs in multi-fact retrieval and under-
score the need for more resilient long-context
retrieval strategies.

1 Introduction

Large Language Models (LLMs) have demon-
strated impressive capabilities in various NLP tasks,
particularly in situations where single, salient facts
need to be retrieved from a long context (Shi et al.,
2023; Izacard and Grave, 2021b; Jiang et al., 2023b;
Lin et al., 2023; Jeong et al., 2024). These “needle-
in-a-haystack™ (gkamradt, 2023) tasks highlight
the strength of modern LLMs in isolating critical
information (Hsieh et al., 2024; Yoran et al., 2023).
However, in tasks requiring the retrieval of multiple
facts simultaneously—referred to as multi-fact re-
trieval tasks—the performance of both open-source
and proprietary LL.Ms noticeably degrades (Hsieh
et al., 2024; Li et al., 2024a). This is particularly
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problematic in long-context scenarios (Liu et al.,
2023), where models struggle to retain and retrieve
multiple pieces of key information, leading to in-
complete or erroneous results.

To improve LLMs’ performance in multi-fact
retrieval tasks, we conducted an analysis of the
failure patterns specific to this context. Our find-
ings reveal that the core issue is not identifying
relevant information individually but the model’s
difficulty in focusing on multiple facts as they ac-
cumulate. Therefore, in multi-fact retrieval scenar-
ios, as the generation process goes on, the model
gradually loses track of the information to be re-
trieved and tends to retrieve incomplete or incorrect
information. This issue, which we term the “lost-
in-the-middle” in multi-fact retrieval generation,
occurs when multiple critical pieces of informa-
tion are distributed throughout the context. Con-
ventional retrieval techniques—whether relying on
LLM querying or vector-based methods—tend to
focus on isolated facts, missing the broader con-
text needed to retrieve all necessary information
for complete understanding or reasoning.

Based on this observation, we investigate
whether a multi-round retrieval scheme can miti-
gate performance drops in multi-fact retrieval tasks.
Specifically, we introduce Find All Crucial Texts
(FACT), an iterative approach tailored for multi-
fact retrieval. In our method, “context rewriting”
leverages previously retrieved information to itera-
tively refine the context, it’s different from “query-
rewriting” methods like (Ma et al., 2023; Wang
et al., 2023) which obtain additional information
by expanding the user’s query. . Single-pass re-
trieval often fails to capture multiple facts, as the
model’s attention tends to focus primarily on the
top-ranked fact. Our iterative process addresses
this limitation by progressively removing identified
facts from the context, allowing the model to con-
centrate on additional critical facts in subsequent
rounds.
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We empirically demonstrate that FACT signifi-
cantly outperforms baseline methods in retrieving
multiple important facts from long contexts. How-
ever, we also show mixed results when applying
FACT on general-purpose QA tasks, where we
analyze the influence of rewriting rounds, model
families, model sizes, and task types on the per-
formance of FACT-like iterative rewriting meth-
ods. We conclude that although the multi-round
retrieval method drastically benefits retrieval tasks,
this performance boost is not universally trans-
ferrable to other tasks or models. Our research
demonstrates that retrieval tasks themselves are not
enough for evaluating long-context scaling meth-
ods and calls for better context-building mech-
anisms, long-context reasoning approaches, and
more agentic long-context solutions.

2 The Challenge of Multi-fact Retrieval

In Hsieh et al. (2024), models demonstrate a con-
sistent decline in performance as the number of
required retrievals from context increases. This sec-
tion aims to explore the underlying mechanisms be-
hind this degradation: does the model prematurely
terminate its retrieval process, or does it struggle to
track and process the necessary information?

We approach this through a mechanistic analysis
inspired by Lu et al. (2024). Specifically, we adopt
the multi-query needle-in-a-haystack (MQ-NIAH)
task from RULER (Hsieh et al., 2024), where the
model is presented with a context of key-value pairs
and a question containing multiple keys, tasked
with retrieving the corresponding values sequen-
tially. To diagnose the model’s internal represen-
tations, we train a linear probe on each layer of a
LLaMA-3 8B Instruct model. The probe maps the
intermediate layer representation, &, correspond-
ing to an output position of a value, to an output
value token y. The probe’s accuracy reflects the de-
gree to which the model’s internal state retains the
necessary information to output the correct value,
allowing us to distinguish between cases where the
model “knows” the information but fails to out-
put it (high probe accuracy) and cases where the
model has entirely lost track of the required infor-
mation (low probe accuracy). For the details of
linear probe training, please refer to Appendix D.

Figure 1 plots the maximum probe ac-
curacy against output position for dif-
ferent query lengths in a 50-query MQ-
NIAH setting. The results reveal a clear
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Figure 1: Maximum probing accuracy in a multi-query
needle-in-a-haystack (MQ-NIAH) task across all layers
of a Llama-3 8B Instruct model. The figure shows
a “lost-in-the-middle” phenomenon for the generation
process in MQ-NIAH.

“lost-in-the-middle” pattern during generation:
when conducting multi-fact retrieval, the model
would progressively lose information of the current
retrieval target as the generation continues, until it
recovers only at the final few generated tokens.

Please note that this is different from the “lost-
in-the-middle in context” (Liu et al., 2024), where
it loses track of a single retrieval in the middle of
the context in single-fact retrieval. The “lost-in-the-
middle during generation” instead loses track of
the current information to be retrieved in the middle
of the generation process in multi-fact retrieval.

Notably, the position of the accuracy turning
point is largely invariant to the number of key to-
kens, suggesting that the performance degradation
is not due to an overloaded number of key tokens.
This pattern implies a fundamental constraint in the
model’s capacity: it appears unable to reliably
retrieve and track more than a certain number
of key pieces of information concurrently from
the context.

3 The FACT Method

As noted above, the facts are basic constituent units
within the context. They can be used to provide in-
formation in retrieval tasks and to generate answers
in QA tasks. The completeness of facts is cru-
cial to retrieval and QA performance. To this end,
we introduce an iterative rewriting method called
FACT, which significantly enhances fact retrieval
performance in common scenarios. This largely
addresses the challenges mentioned in Section 2.

3.1 [Iterative Rewriting

To solve the problem of incomplete or inaccurate
facts, we employ an iterative rewriting approach
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Algorithm 1 FACT

Require: (: the user query text, C: the context of the sam-
ple, n: number of iterations, Retrieve: the retrieval
function, Rewrite: the context rewriting function, Stop:
the iteration stop judgment function

Ensure: F': the set of final found facts

I: F=]
2: for i = 1tondo

3: cand_facts =Retrieve(Q, C)
4: C =Rewrite(cand_facts, C)
5: F.extend(cand_facts)

6: if Stop(F', C) then

7: break

8: end if

9: end for
10: return I

for fact retrieval. Specifically, based on the user’s
query, candidate facts are retrieved through meth-
ods such as using LL.Ms as retrievers or vector-
based approaches. These candidate facts are then
located inside the context, where they are rewritten
by either removing or replaced with other noise
data, resulting in a new context. This process is
repeated until a stopping criteria is met. In our
implementation, the stopping criteria is defined as
reaching a predefined number of iterations. The
candidate facts found in each iteration are concate-
nated together to form the final set of facts to be
used for generating the final response. The algo-
rithm 1 describes the complete process in detail.

4 Experiments

4.1 Settings

We test the performance of FACT equipped with
closed-sourced GPT-40 and GPT-40-mini (Ope-
nAl, 2024)§, and open-sourced Llama-3.1 8B In-
struct (Dubey et al., 2024). We report the perfor-
mance on two types of tasks:

* Retrieval Tasks, where the model directly re-
trieves multiple key information in the context.
This includes RULER (Hsieh et al., 2024) and
Counting Stars (Song et al., 2024a).

* QA Tasks, where answering the question re-
quires reasoning about the provided context.
This type of task includes: (1) Single-doc QA
tasks, including NarrativeQA (Kocisky et al.,
2018), Qasper (Dasigi et al., 2021), and Mul-
tiFieldQA (Bai et al., 2024); (2) Multi-doc
QA tasks, including HotpotQA (Yang et al.,
2018), 2WikiMQA (Ho et al., 2020), and

SWe adopt the gpt-40-2024-08-06 and
gpt-40-mini-2024-07-18 versions in our experiments.
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Figure 2: Retrieval Task performances under different
numbers of rewriting iterations. The red line denotes
the average performance across all tasks.

MuSiQue (Trivedi et al., 2022). The QA tasks
adopt the contexts and prompt from Long-
Bench (Bai et al., 2024). Please refer to Ap-
pendix B for the statistics of the tasks.

In the experiments, we compare the results of
FACT against a baseline direct retrieval method
for each model. This direct retrieval setting returns
all the retrieved information or directly answers the
question in one shot with the default prompt for
each task. We include the prompts we used for the
retrieval task and the retrieval step of the QA tasks
in Appendix C.

4.2 Retrieval Tasks

We present the results of the retrieval tasks in Ta-
ble 1. The results demonstrate a significant im-
provement in retrieval performance when applying
our proposed method across both open-source and
closed-source models. Across all tasks, the method
consistently enhances the models’ ability to retrieve
as much relevant information as possible from long
contexts, outperforming the direct retrieval base-
lines substantially. This is particularly evident in
tasks with longer context lengths, where traditional
retrieval methods struggle. Moreover, for better-
performing models like GPT-40 and GPT-40-mini,
FACT achieves nearly perfect results.

In Figure 2, we show the comparison of our
proposed FACT against baselines under varied
iterations with 16K context length in RULER
K1V10Q1. Note that the retrieval function, rewrit-
ing strategy, and stopping criteria in FACT are
closely intertwined, making it challenging to ab-
late any single component without fundamentally
altering the method. Instead, by varying the num-
ber of iterations, we gain indirect insight into the
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RULER
K1V10Q1

| Counting Stars
| K5V10Q1 | N32

Overall

LLM Method

FACT 99.9

\ \
\ \
| 4K 16K | 4K 16K | 4K 16K |
Lgg  bwe 700 462 | 802 610 | 986 809 72.8
: FACT | 984 838 | 100.0 98.6 | 1000  99.2 96.7
doumin | DaSe: 734 606 | 816 596 | 967 722 70.0
N FACT | 998 992 | 1000 99.6 | 98.0  99.9 99.4
a0 base 984 850 | 99.8 80.6 | 99.8 927 9.7
&p 100.0 1000 | 100.0 99.6 | 100.0  100.0

Table 1: Performance Comparison on Retrieval Tasks.
“KaxVyQz” denotes adding = needles inside the con-
text and retrieving y values from a single query or z
queries. “Ngy” denotes retrieving y needles from the
context. The best performances of each model on each
task are bolded. “L. 8B” denotes LLlama-3.1 8B Instruct;
“40-mini” denotes GPT-40-mini.

impact of the iterative rewriting mechanism and its
interaction with the stopping criterion. As the itera-
tion increases, the overall scores steadily increase,
highlighting the benefit of our iterative rewriting
strategy. This is especially true for Llama-3.1 8B
Instruct: the model exhibits an increase of nearly
50 percentage points when the iteration count is
raised to 3.

4.3 Question Answering Tasks

We present the results of QA Tasks in Figure 3.

Effect of iterative context rewriting on different
model families. We include Qwen-2.5 7B (Yang
et al., 2024) into discussion in this section. The
performance impact of iterative context rewriting
varies significantly across model families. GPT-
40 and GPT-40-mini consistently improve as the
number of rewriting iterations increases. However,
Llama-3.1 and Qwen-2.5 show a noticeable perfor-
mance decline with iterative retrieval, particularly
Llama-3.1, which struggles with retrieved context.
This difference likely comes from training differ-
ences: GPT-40 may have been specifically trained
on retrieval-augmented tasks, while Llama-3.1 and
Qwen-2.5 may lack such training, making them
more prone to hallucinations or errors.

Iterative rewriting versus one-shot retrieval.
Our results show that iterative rewriting outper-
forms one-shot retrieval, especially for models
suited to retrieval-based tasks. Iterative rewrit-
ing leads to continuous improvements across it-
erations, showing the benefits of gradual context
refinement. This supports our hypothesis in Sec-
tion 2, which suggests that repeated enhancement
of retrieved context improves model understanding
and response quality.

Variability in task-specific performance with it-
erative rewriting. The impact of iterative rewrit-
ing varies significantly across tasks. For the GPT-
40 family, we see major gains for datasets like
2wikimga and MuSiQue but minor declines for
Qasper and NarrativeQA. This is likely due to the
different characteristics of each dataset. 2wikimqa
and MuSiQue contain dense factual information,
which benefits from iterative rewriting by empha-
sizing key details and reducing noise, thereby im-
proving accuracy. On the other hand, Qasper and
NarrativeQA require nuanced reasoning and com-
plex knowledge, which are beyond mere retrieval.
Iterative rewriting in these cases may oversimplify
or alter essential information, leading to loss of
detail and increased ambiguity. Thus, while fac-
tual tasks benefit from FACT, highly structured or
narrative tasks may not.

Cause of Failure. Our analysis reveals that open-
sourced models fail primarily because they cannot
reliably execute atomic retrieval steps in scenarios
that require complex reasoning. Note that our pro-
posed method FACT is designed to minimize error
accumulation in iterative context rewriting: the out-
put of one round does not directly feed into the next,
ruling out the possibility that performance declines
arise from compounding errors. Rather, the in-
ability of open-sourced models to retrieve relevant
context in each single round consistently hurts their
performance, whereas closed-sourced models are
able to establish a stronger contextual foundation
for context retrieval, likely due to targeted training
on retrieval-oriented tasks. This gap in retrieval
capability thus stands as the most plausible expla-
nation for the weaker outcomes of open-sourced
models, reinforcing the importance of specialized
training on fine-grained context retrieval tasks for
reliable fact-centric reasoning based on iterative
context shortening.

5 Conclusion

This paper explored the challenges faced by Large
Language Models (LLMs) in multi-fact retrieval
tasks, particularly the “lost-in-the-middle” phe-
nomenon, where models progressively lose track
of key facts during generation. To address this, we
introduced FACT, an iterative context-rewriting
method designed to improve multi-fact retrieval by
progressively refining context. Our experiments
show that FACT significantly boosts retrieval per-
formance in long-context scenarios, though results
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Figure 3: QA Task performances under different numbers of rewriting iterations(retain ten sentences each iterative
retrieval)). The red line denotes the average performance across all tasks.

were mixed for general-purpose QA tasks.

These findings underscore the need for robust
retrieval mechanisms that go beyond single-pass
methods, highlighting the value of iterative re-
finement in complex retrieval settings. While
FACT proves effective for fact-intensive retrieval,
its mixed performance on QA tasks suggests fur-
ther research is needed to adapt iterative methods
for broader NLP contexts. Future work should ex-
plore dynamic rewriting techniques tailored to task
characteristics, balancing context enrichment with
the retention of essential information. This could
include dataset-aware rewriting strategies that ad-
just context modification based on task demands,
optimizing performance while minimizing trade-
offs. Additionally, task-specific training focused
on retrieval could enhance the efficacy of iterative
context rewriting. Overall, this work lays a foun-
dation for advancing context-building and long-
context reasoning methods, pushing the boundaries
of multi-fact retrieval capabilities in LLMs.

Limitations

This short paper includes the insights and findings
of our experiments to improve LLMs’ multi-fact
retrieval performance. While the FACT method
shows considerable promise in improving multi-
fact retrieval performance, there are several aspects
that warrant further exploration, which we believe
represent opportunities for future work rather than
critical shortcomings.

Task-specific Performance Variability. FACT
exhibits significant improvements in multi-fact re-
trieval tasks, but its performance gains in general-
purpose QA tasks are more mixed. This varia-
tion likely stems from the fundamental differences
in task requirements: FACT is particularly well-
suited to fact-heavy retrieval tasks, where it refines
the context over iterations. However, the iterative
approach may not always lead to optimal outcomes

in tasks requiring nuanced reasoning or compre-
hension, such as NarrativeQA or Qasper. Nonethe-
less, we see this as an opportunity to explore task-
adaptive strategies that fine-tune the number of
iterations or degree of context rewriting based on
specific task characteristics.

Model-specific Behavior. The effectiveness of
FACT can differ across model families. Although
closed-source models such as GPT-40 benefit sig-
nificantly from iterative rewriting, some open-
source models show smaller gains or sometimes
negative gains in retrieval tasks, likely due to dif-
ferences in training data, regimes and architectures.
However, these results highlight the potential to
improve the performance of open-source models
through targeted training in retrieval-augmented
tasks. Addressing this presents an exciting avenue
for future research, aiming to make FACT more
universally beneficial across various model types.

Computational Considerations. FACT intro-
duces additional computation due to its iterative
nature, which could increase latency in certain ap-
plications. In practice, this issue can be mitigated
by fine-tuning the number of iterations or applying
FACT selectively to tasks where its benefits justify
the additional cost. Further research on optimiz-
ing the efficiency of iterative processes could help
minimize this overhead.

Generalization to Broader NLP Tasks. FACT
is designed primarily for multi-fact retrieval, and it
excels in this task. Its application to more complex
reasoning tasks, while promising, has room for
improvement. We do not see this as a fundamental
limitation of FACT, but rather a natural constraint
given its design focus. Adapting FACT to tasks
requiring deeper reasoning or synthesis remains
an exciting challenge for future research, which
could involve integrating more advanced reasoning
or agentic procedures into the iterative process.
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A Related Work

A.1 Information Extraction

Information Extraction (IE) has evolved signif-
icantly from rule-based approaches (Grishman
and Sundheim, 1996) to modern neural methods.
Early work focused on pattern matching and hand-
crafted features (Hearst, 1992), while recent ad-
vances leverage pre-trained language models like
BERT (Kenton and Toutanova, 2019) for better per-
formance. Distant supervision (Mintz et al., 2009)
has enabled large-scale IE by automatically gener-
ating training data. Current research emphasizes
few-shot learning (Han et al., 2018) and document-
level IE (Yao et al., 2019) to capture complex rela-
tions across longer contexts.

A.2 Retrieval-Augmented Generation (RAG)

RAG has been shown to be effective in improving
LLM by integrating relevant information retrieved
from external sources (Lewis et al., 2020; Guu et al.,
2020). This method, notably less computationally
costly, has shown success in various tasks such as
language modeling and question answering (Shi
et al., 2023; Izacard and Grave, 2021b; Jiang et al.,
2023b; Lin et al., 2023; Jeong et al., 2024). Despite
their effectiveness, traditional RAG methods of-
ten suffer from the loss of semantic coherence due
to context chunking (Izacard and Grave, 2021a;
Xu et al., 2023). Recent approaches aim to mit-
igate these issues by improving retrieval quality
through correction, critique, or verification mecha-
nism (Yan et al., 2024; Asai et al., 2024; Li et al.,
2024b; Yoran et al., 2023; Zhang et al., 2024a; Zhu
etal., 2024).

The integration of chunking-free methods has
further refined the process, enabling more coherent
surrogate contexts (Qian et al., 2024; Luo et al.,
2024). Techniques such as sequential processing
and decision-making frameworks add an additional
layer of sophistication, allowing dynamic context
handling and improving overall performance in
long-context tasks (Wei et al., 2022; Shinn et al.,
2023).

A.3 Context Rewriting Methods

Context compression techniques play a crucial role
in managing long-context input by reducing the
cost of inference while preserving essential infor-
mation. Methods such as gisting and selective con-
text evaluation have shown the potential to main-
tain core information through compression (Mu

et al., 2024; Jiang et al., 2023a; Wang et al., 2024).
xRAG and AutoCompressors further enhance these
capabilities by embedding and transforming seg-
ments into more compact forms (Cheng et al., 2024;
Chevalier et al., 2023), while (Song et al., 2024b)
propose to use a divide-and-conquer strategy to
hierarchically merge context embeddings across
transformer layer. Other works such as (Ma et al.,
2023; Wang et al., 2023; Jiang et al., 2020; Wu
et al., 2022) focuses on improving LLM’s ability
to acquire more knowledge from the perspective
of query optimization. Moreover, iterative frame-
works (Zhang et al., 2024b; Trivedi et al., 2023;
Yue et al., 2024; Parvez, 2024) retrieves relevant
information iteratively throughout the reasoning
steps, and facilitate information aggregation and
reasoning over extended contexts. These methods
aim to retain valuable information by linking and
synthesizing pivotal segments, thus improving the
efficiency and effectiveness of long-context LLMs
in multi-hop reasoning tasks (Khot et al., 2023;
Trivedi et al., 2023).

B Dataset Statistics

Dataset | NQA | Qasper | MFQA | HotpotQA | 2Wiki | MuSiQue

200 200 150 200 200 200
18,409 | 3,619 4,559 9,151 4,887 11,214
Fl1 Fl1 F1 Fl1 F1 Fl1

#Samples
Avg Length
Metric

Table 2: Statistics of the QA datasets.

In this section, we provide the dataset statistics
for the QA datasets we used in Section 4 in Table 2.
These datasets are derived from LongBench (Bai
et al., 2024). For the retrieval datasets, please refer
to the configurations specified in Table 1.

C Prompts

For the retrieval tasks and QA tasks, we use the
official prompt provied by RULER (Hsieh et al.,
2024) or Counting Stars (Song et al., 2024a), and
LongBench (Bai et al., 2024), respectively. We
provide the prompt template we used for FACT’s
retrieval step for all the evaluated tasks below.

Prompt used for FACT’s retrieval step for the RULER
Retrieval tasks

Some special magic numbers are hidden within

the following text. Make sure to memorize
it. I will quiz you about the numbers afterwards.
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{context}

What are all the special magic numbers for
{query} mentioned in the provided text? The
special magic numbers for {query} mentioned
in the provided text are )

-

Prompt used for FACT’s retrieval step for the
Counting-Stars tasks

{contextl }
The little penguin counted {numberl1}
{context2}
The little penguin counted {number2}

On this moonlit and misty night, the little pen-
guin is looking up at the sky and concentrating
on counting *. Please help the little penguin
collect the number of *, for example: {"lit-
tle_penguin": [X, X, X,...]}. The summation is
not required, and the numbers in [X, X, X,...]
represent the counted number of by the lit-
tle penguin. Only output the results in JSON
format without any explanation. )

(&

Prompt used for FACT’s retrieval step for the QA
tasks

Please retrieve all the sentences in the given
documents that are important and relevant to
answer the question.

Question: {question}

The following are given documents.

{context}

Please retrieve the sentences from the given
documents that are relevant to answer the
question. Do not repeat your generation. The
question is highlighted again at below.
Question: {question}

Retrieved sentences:

(For each retrieved sentence, please start from
the bullet symbol "-", if no results, just return a

\single "-") )

D Linear Probe Training Details

This section describes the training process for the
linear probes used in Section 2, specifically for the
MQ-NIAH task. This linear probe is a multi-fact
retrieval extension of the one proposed by Lu et al.
(2024).

For the MQ-NIAH task introduced in Section 2,
the model receives n, queries and must retrieve
corresponding values from nj key-value pairs in
the prompt, where each value consists of a single
token. We define V as the set of all possible single-
token values. Given a prompt, we define the index
of the token corresponding to the i-th output value
as t; € R, and the value token itself as v; € V.

Assume the LLM consists of L layers. For each
Transformer layer, we randomly initialize a linear
classifier C € R?*?, where d is the hidden dimen-
sion of the LLM, and v = |V| is the number of
possible values. Given the output from the [-th
layer, denoted as H; € RE*¢ (with L representing
the sequence length), the linear classifier C; pre-
dicts the value v; using the hidden state H j;, ) for
eachi € {1,--- ,ng}.

We collect training data and conduct inference
using a specifically designed prompt. During train-
ing, we concatenate the ground-truth values to the
prompt and record v; and Hy [y, 1 for all layers
l € {1,---,L} and queries i € {1,--- ,n,} in
a single forward pass. The training prompt is struc-
tured as follows:

Prompt used for MQ-NIAH task in Section

Extract the value corresponding to the specified
key in the JSON object below.

{“I”_separated_keys}
JSON data: {json_formatted_key_value_pairs}
Keys: {“I”_separated_keys}

Corresponding Value:

A J

In our experiments, we use Llama-3 8B In-
struct (Dubey et al., 2024) as the LLM, and we
assign ng = 50, ny = 200. The linear classifiers
are trained with the hyperparameters specified in
Table 3. All experiments are done with either a
single NVIDIA RTX3090 24G or a single NVIDIA
A100 40G.
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Key ‘ #Samples ‘ Epoch ‘ Learning Rate
Value | 2000 | 150 |  0.005

Table 3: Hyperparameters of Linear Probe Training.

E Cost Analysis

In this section, we present additional experiments
measuring the total token throughput in various
retrieval scenarios. The results summarized in Ta-
ble 4 compare the computational efficiency of the
Base and FACT methods across different LLM con-
figurations and benchmarks (RULER K1V10Q1,
RULER K5V10Q1, and Counting Stars N32). Al-
though the iterative procedure of FACT introduces
some computational overhead, the overall token
throughput remains within acceptable ranges for
practical applications compared to the performance
gains it brings. These findings provide further in-
sight into the efficiency trade-offs associated with
FACT.

‘ RULER ‘ Counting Stars
LLM | Method | KIV10QI | Ratio | K5V10Q1 | Ratio | Counting Stars | Ratio
4o-mini | Base | 3853.2 /| 3674.02 /| 341218 /
4o-mini | FACT | 10446.68 | 2.71 | 11152.86 | 3.04 | 8596.38 252

40
40

3860.52
7982.52

/
2.07

3676.81
7252.69

/
1.97

3414.64
9084.18

/
2.66

Base
FACT

Table 4: Average Token Throughput in Retrieval Scenar-
ios for Base and FACT when applying FACT for three
iterations. Ratio: the token throughput ratio of FACT
to the baseline method.
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